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MODELS FOR DUAL-CHANNEL REMANUFACTURING SUPPLY CHAIN WITH
REFERENCE PRICE EFFECT UNDER STATIC AND DYNAMIC GAMES

LiL1 DA1?®, ToNG SHU**, YANYAN ZHENG® AND SHOUYANG WANG*5:6:7

Abstract. With the diversity of shopping styles, reference prices have become a consideration in
consumers’ purchasing decisions. It is critical to understand how manufacturers and retailers make
optimal decisions based on consumer behavior. To this end, we develop a manufacturer-led Stackelberg
(M-Stackelberg) game model to investigate the impact of consumer proportion, reference price effect
(RPE), and the channel preference coefficient on the decision of the remanufacturing supply chain (RSC)
in dual-channel structures. Through comparing different game scenario models, we find that when the
reference price coefficient is relatively small, the optimal decisions for the manufacturer and the retailer
are the same regardless of whether the RPE is considered. The manufacturer and E-tailer always benefit
from RPE, while the traditional retailer (T-retailer) is uncertain. The numerical analysis revealed that
the profits of supply chain members are inversely proportional to the proportion of consumers. The
smaller the proportion of primary consumers, the more favorable the supply chain. In particular, the
higher the channel preference coefficient, the higher the profits of the manufacturer and E-tailer, while
the lower the benefit of the T-retailer. Further, in the dynamic game, the total supply chain profit is
highest when the T-retailer prices earlier than the E-tailer.
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1. INTRODUCTION

Remanufacturing is the process of disassembling a used product, and its parts are repaired, replaced, or
restored and used to produce a new product [1]. Several studies have shown that remanufacturing plays an
essential role in the market by saving costs, benefiting the environment, and increasing corporate profit [2—
5]. Recently, countries have made great efforts to recycle used resources. For instance, China released the
14th Five-Year Plan for Circular Economy Development in 2021 on product recycling, which is conducive
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to promote the recycling of used products and recycled resources. In addition, European countries and the
United States have implemented product recycling and disposal programs to prevent e-waste from polluting the
environment. Recycling used products is vital for conserving market resources and can create great value. For
example, Hewlett-Packard and Epson saved 65% of remanufacturing costs by recycling used products [6]. While
previous studies have emphasized that remanufacturing can bring significant benefits to firms, it is worthwhile
for researchers to further whether remanufacturing will bring lasting benefits to companies. On the one hand,
early studies have shown that remanufacturing offers significant benefits to companies. For example, in 2011,
the value of all remanufactured products produced in the United States amounted to $43 billion [7,8]. On
the other hand, studies have found that many companies have adopted sustainable remanufacturing business
models in an environment of uncertain benefits due to continued public concern and pressure from resource
scarcity. Examples include Kodak, Xerox, Robert Bosch Tool, Black and Decker, Apple, Boeing, and Caterpillar
[9-11]. Besides, Dell, Lenovo, and Canon have conducted trade-in activities in their remanufacturing practices
[4]. However, despite the many benefits that remanufacturing brings to firms, the quality of remanufactured
products remains a concern for consumers. Consumers are less willing to pay for and value remanufactured
products than new ones. Consumers have different buying attitudes towards new (used) products. Therefore, it
is crucial to consider consumers’ buying behavior in the RSC when studying product pricing decisions.

In addition, the rapid development of the Internet and advances in information technology have enabled
companies to choose one more channel to sell their products to relieve the pressure on inventories and seek
more profits. As traditional marketing channels such as brick-and-mortar shops flourished, new business models
such as Internet e-commerce channels emerged in the late 20th century. Several companies are exploring new
marketing channels to gain more market share and profits. For example, Apple, Nike, IBM, Dell, Sony, and
Estee Lauder have added internet channels to their existing retail channels [12,13]. Apparently, multi-channel
sales have become a new and popular trend. Apple sells iPhones and other products through various channels,
including telephone service providers, the Apple online store, and other retailers (e.g., Sam’s Club, Walmart,
Best Buy). Multi-channel selling can generate profits for a company. However, providing consumers with product
information through multiple channels can influence their buying behavior. Various real-life factors, including
reference price, income level, gender, and age, can influence consumer purchase behavior. The reference price
is one of the most crucial reference indications. Relevant studies have proved that reference price influences
consumers’ purchasing decisions. The reference price is a benchmark consumers perceive based on past product
prices and plays a decisive role in consumers’ decisions on the final purchase. Consumers assess whether the
current price is high or low by comparing it with the current price; if the actual price is lower than the reference
price, consumers feel a gain; if the actual price is higher than the reference price, consumers feel a loss [14,15].
Empirical investigation has shown that reference prices affect consumer demand for many products, such as
coffee and orange juice [16]. Therefore, it is necessary to consider consumer behavior and multi-channel choice
when studying product decisions in the RSC. Reference behavior is also common in real life. For example, in
the case of electronic products, consumers could easily identify online prices through electronic retail (e-retail)
channels to compare offline prices, thus creating a reference role. Firms have realized the impact of reference
prices on business decisions and would like to use RPE to increase profits. However, it is uncertain whether the
reference price brings gains or losses to firms. Based on these facts, this paper integrates RPE and dual channel
selling into RSC to address the following questions. What is the ideal strategy for supply chain members in
the context of static and dynamic games, and how does RPE affect the optimal strategies of the manufacturer
and retailers? How does the optimal profit change when considering RPE? How do consumer proportion and
channel coefficients affect supply chain members? All of these issues are important for supply chain members.
First, the manufacturer can access reference prices to make optimal pricing decisions. Second, it is necessary
for traditional and online retailers to fully understand the impact of reference price effects on their margins and
demand. Third, different proportions of consumers and channel preferences may inevitably lead to changes in
the profitability of RSC members. However, previous research on dual-channel supply chains has not addressed
these issues well.

To address the above issues, first, we consider a scenario in which the manufacturer, acting as a Stackelberg
leader, determines the optimal wholesale price by analyzing the response functions of a T-retailer and an
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E-tailer in a dual-channel RSC to maximize profit. This supply chain structure is commonly found in previous
literature [17-19]. Second, consumers are categorized into two types: replacement consumers (R-consumers),
i.e., consumers who own obsolete products and buy new products by selling them, and primary consumers (P-
consumers), i.e., consumers who do not own obsolete products and buy new products directly. Similar consumer
classifications have been studied in earlier literature works [4,17]. We focused on durable goods because of their
high recycling value, such as electronics, which have received extensive attention in previous studies [14,17].
Third, based on reality, we consider that retailers have different channel power, while most prior work focuses
on the same channel power [20]. Retailers set the best retail price based on the optimal wholesale price to
maximize profits according to different pricing timing. Motivated by these facts, this paper constructs a dual-
channel RSC with traditional retail (t-retail) and e-retail channels under RPE, i.e., the manufacturer distributes
its products through a T-retailer and an E-tailer. Three main strategies are considered to study the impact of
RPE on pricing strategies in the dual-channel RSC: MS, ME, and ML. MS, ME, and ML, respectively, mean
that the manufacturer sets the wholesale price first. Then, the T-retailer decides the retail price simultaneously,
earlier, and later than the E-tailer. Based on the above hypotheses, this study mainly investigates the impact of
consumer heterogeneity and different pricing timing on game players through a two-channel RSC under RPE.

Some findings and contributions are summarized. Through the model analysis, we find that consumer pro-
portion, channel preference, and reference price parameters are key factors that affect the optimal decision of
supply chain members. The results show that the lower the proportion of P-consumers, the more favorable
the supply chain members are. The reference price parameter within a certain range favors the profits of the
manufacturer and E-tailer over the benefit of the T-retailer. The profits of the manufacturer and E-tailer are
proportional to the channel preference coefficient. The contributions are reflected in the following aspects: First,
this paper considers the reference price factor in a dual-channel RSC model for the first time. Second, unlike
previous literature, the article divides the market into P-consumers and R-consumers and considers both static
and dynamic games between the T-retailer and E-tailer under the M-Stackelberg game model.

The rest of this paper is organized as follows. Section 2 reviews the literature most closely related to this
study. In Section 3, model assumptions, consumer behavior, and game sequence are established. Sections 4 and 5
discuss the model setup. The analysis and numerical examples are presented in Section 6. Section 7 provides
conclusions, limitations, and future research. All proofs are collected in Appendix A.

2. LITERATURE REVIEW

In this section, there are three main streams of relevant literature to our research: remanufacturing, dual-
channel supply chains, and reference price effects.

2.1. Remanufacturing

A growing number of studies have provided comprehensive reviews of remanufacturing or closed-loop sup-
ply chains (CLSCs) [21-23]. Consumer behavior has attracted a great deal of attention from scholars who
are researching remanufacturing operations management research. Particularly, many scholars have extensively
studied the impact of consumer behavior on remanufacturing pricing decisions. Debo et al. [24] explored the
issues of joint pricing and production technology choice faced by manufacturers when introducing remanufac-
tured products in markets consisting of heterogeneous consumers. Atasu et al. [1] focused on the impact of green
segmentation, OEM competition, and the product life cycle on the market demand of primary and green con-
sumers. They found that remanufacturing can be an effective marketing strategy in a competitive environment,
enabling manufacturers to defend their market share through price discrimination. Ma et al. [17] examined the
impact of government consumer subsidies on a dual-channel CLSC by considering primary and replacement
consumers. Their study showed that the manufacturer and the retailer, as well as consumers purchasing new
products, benefited from the subsidies to varying degrees, while E-tailers were uncertain. Abbey et al. [25] inves-
tigated consumer perceptions of remanufactured products in CLSCs. They found that consumers held strongly
negative views of remanufactured products; however, green consumers and those who perceived remanufactured
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products as green generally found them more attractive. Ma et al. [26] proposed a remanufacturing model with
dual reference effects of trade-in, considering both consumer perceptions of the new product and perceptions
of the functionality of the remanufactured product. They found that the manufacturer’s profit decreases con-
tinuously with the increase of the reference quality parameter and increases rapidly with the increase of the
reference price parameter. Recently, Zhou et al. [5] considered consumer heterogeneity through the perspective
of consumer education. They developed a game model consisting of a manufacturer and a supplier to research
the influence of consumer education on CLSC decisions. They found that the supply chain could benefit from
moderate consumer education, but the manufacturer may abandon remanufacturing due to higher wholesale
prices. It is not hard to find that significant progress has been made in remanufacturing pricing decisions
based on the above studies in the primary literature. However, none of these studies have addressed the effect
of heterogeneous consumers on the dual RSC structure under RPE. In other words, previous studies on the
decision-making behavior of heterogeneous consumers in the RSC have not received extensive attention.

2.2. Dual-channel supply chains

Over the past few decades, pricing strategies and channel power structures in dual-channel supply chains have
attracted much attention in the literature. Chiang et al. [27] developed a pricing game model with only one
independent retailer and one manufacturer. Their work showed that increasing direct channels may not always
be unfavorable to the retailer. Several studies have focused on channel power structures, such as Dumrongsiri
et al. [28], Almehdawe and Mantin [29], Choi et al. [20], Chen et al. [30], and Zheng et al. [31]. Specifically,
Dumrongsiri et al. [28] studied the dual-channel pricing problem where consumers choose to buy based on price
and service quality. They found that the marginal cost differences between channels play an essential role in
determining the existence of a dual-channel equilibrium. Almehdawe and Mantin [29] studied a supply chain
comprising a single manufacturer and multiple retailers. They examined the performance of manufacturer-
led and retailer-led supply chains separately and showed that the retailer-led reduces wholesale prices. Choi
et al. [20] built a CLSC framework consisting of a retailer, a recycler, and a manufacturer and examined the
performance of CLSC under different channel power structures. By comparison, they found that retailer led
CLSC structure was the most effective. Chen et al. [30] analyzed the impact of free and bundled channels’ power
structures on pricing and selection decisions. They found that firms with higher channel power will be more
profitable. From the perspective that the manufacturer and retailers have the same decision-making power,
Jafari et al. [18] considered a two-channel supply chain with one manufacturer and multiple retailers. They
developed a Nash game model to determine prices under decentralized and centralized models. Zheng et al.
[31] investigated the symmetric and asymmetric channel power structures by considering independent retail and
direct sales channels with pricing decision problems under centralized and decentralized models. They found that
the channel power structure significantly impacted the efficiency of CLSC. Yang et al. [32] examined the impact
of online consumer reviews on pricing decisions and profits in dual-channel retailing and Internet channels. They
found that consumer reviews on the centralized channel may increase or lower the direct price but always lower
retail prices. Fan et al. [33] developed a game-theoretic model of the supply chain under the t-retail channel
and dual-channel structure to explore the optimal channel choice for trade-ins, discussing whether and when
the manufacturer adopts a collection delegation policy. The findings revealed that collection delegation always
benefits the manufacturer but can occasionally harm the retailer. Different from previous research, we focus on
the pricing decision problem of a manufacturer and two retailers by integrating consumer behavior and different
game decisions of supply chain members.

2.3. Reference price effects

Prior studies on RPE dating back to 1989. Previous literature has provided valuable insights and guidance
on durable goods pricing, and these studies have often abstracted an important behavioral concept, RPE, which
has been validated by empirical research [34]. Lattin et al. [16] developed a model to test the effects of price
reference effects and promotion reference effects on brand choice behavior. The results showed that promotions
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TABLE 1. Comparison of main relevant literature with our study.

CLSC/ Dual- Pricing

Related studies WTP RSC channel  timing

s}

PE  Strategies

Ma et al. [17] v v v X X CB, GCS, M-S, Rs-SG

Zhang et al. [14] X X X X v Hamiltonian, M-S

Lin [41] X X v X v Price promotion, M-S

Matsui et al. [45] X X v v X M-S, Rs-VN, Rs-DG

Cao et al. [44] v X X X v Bayesian demand learning

Ma et al. [26] v v X X v CB, Trade-in

Wang et al. [15] v X v X v R-S, Rs-SG

Yang et al. [32] v X v X X Online consumer reviews,M-S
Zhou et al. [5] v v X X X Consumer education, Supplier-lead
Our study v v v v v CB, M-S, Rs-SG,Rs-DG

Notes. GCS: Government consumption subsidy; CB: Consumer behavior; M-S: Manufacturer-led Stackelberg; R-S:
Retailer-lead Stackelberg; Rs-DG: Retailers-Dynamic Game; Rs-SG: Retailers-Static Game.

had a significant reference effect on consumers. Kopalle et al. [35] investigated the effect of reference prices on
firms’ optimal dynamic policies under the assumptions of retailer brand groups and oligopolistic brand groups.
Mazumdar et al. [36] provided a detailed review of the formation of reference prices and their impact on various
purchase decisions. Based on the above studies, previous papers on reference prices have focused on dynamic
prices, inventory decisions, and advertising [37-41]. Popescu and Wu [37] addressed the dynamic pricing problem
in a monopolistic market environment; they found that the optimal price converges to a constant steady-state
price. Kopalle et al. [38] examined the impact of RPE household-level heterogeneity on retailers’ pricing policies.
They discovered that households differ significantly in terms of the impact of gains and losses. Zhang et al. [39]
proposed a model of dynamic cooperative advertising in a manufacturer—retailer supply chain under RPE. Their
study showed that the stable reference price was usually higher than the market price because the intensity of
advertising affects the consumer’s reference price. Zhang et al. [14] studied bilateral monopoly supply chains
under RPE. The findings revealed that the more sensitive consumers were to RPE, the more loyal they were
to products in centralized or decentralized channels. Lin [41] proposed a model of consumer price promotion
with RPE, and the findings indicated that optimal price promotions are beneficial to the manufacturer, the
retailer, and the consumers. Wang [42] explored the dynamic pricing problem of a seller’s monopoly under
RPE with consumers arriving in heterogeneous periods. The results demonstrated that the optimal pricing
strategy may no longer be asymptotically constant, and the periodic pricing strategy may be optimal. Wang
[43] studied the problem of pricing optimization for consumer choice models under RPE. Their research showed
that incorporating reference prices into the choice model can significantly improve consumer choice behavior’s
goodness-of-fit and prediction accuracy. Cao et al. [44] established a Bayesian dynamic programming model and
found that ignoring RPE leads to a substantial loss of revenue. Wang et al. [15] incorporated RPE into the
Hotelling model to study the competitive pricing strategies of both online and offline. They found that online
and offline retailers prefer to use their prices as a reference.

The aforementioned studies on RPE in supply chain decisions are numerous; however, few address consumer
behavior and RPE in the dual-channel RSC. Hence, our study integrates consumer behavior and RPE to explore
the impact of these factors on pricing decisions and profits in a dual RSC. Table 1 compares our study with
other related work.

3. THE MODEL

In this work, under RPE, a dual-channel RSC is considered to consist of a manufacturer and two retailers,
where the manufacturer is the leader, and the retailers are followers. Retailers can control not only the level
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TABLE 2. Notations.

Notation Description

Parameters

Dt Retail price from the T-retailer (decision variable)

De Retail price from the E-tailer (decision variable)

w Wholesale price from the manufacturer (decision variable)
Ps Acquisition price

c Cost of the new product

ct Cost of the t-retail product

Ce Cost of the e-retail product

1] Proportion of primary consumers, 0 < 0 < 1

Ué\;, Usy Consumers’ utility without RPE or with RPE

¥, q Total demand without RPE or with RPE

v Valuation of products by customers

1) Consumer preferences for the e-retail channel

I Magnitude of the RPE when perceiving a gain

p Magnitude of the RPE when perceiving a loss

iy Profit of the E-tailer without RPE or with RPE

il . Profit of the T-retailer without RPE or with RPE
N mhy Profit of the manufacturer without RPE or with RPE
Indexes

T Subscript, denoting the retailer type, where x =T, F
Y Subscript, denoting consumers type, where y = 1,2

i Superscript, denoting the order of decisions, where i = E, S, L
* Superscript, denoting optimal solutions

of the retail price but also pricing timing. The manufacturer sells products to P-consumers and R-consumers
through traditional retail and online channels. The problem description and assumptions are presented in
Sections 3.1 and 3.2 describes consumer behavior in detail. Section 3.3 introduces the sequence of game events.
Table 2 lists the variables included in the model. Let E, S, and L denote that T-retailer sets the retail price
earlier than, simultaneously with, and later than the price by the E-tailer, respectively. The framework of
the RSC model is shown in Figure 1. The manufacturer is assumed to sell to different retailers at the same
wholesale price. Previous literature on MS/OR is divided into two categories: price discrimination and no-price
discrimination. Most of the literature argues that there is no price discrimination [17,46], and they believe that
manufacturers should offer the same wholesale price to different retailers for two possible reasons, one is legal
constraints, such as the Robinson—Patman Act. Another reason is the potential to reduce operating costs. Only
a small body of literature has considered price discrimination, e.g., Ingene and Parry [47]. Our study assumes
that the manufacturer sells to different retailers at the same wholesale price, considers the interaction between
competing retailers, and focuses on the effect of reference prices on members of the remanufacturing supply chain
based on a dual-channel model. On the one hand, the impact of the manufacturer and retailer decisions under
different pricing models is explored, and on the other hand, the impact of reference price effects on consumer
surplus is investigated. Therefore, based on the above assumption, it is reasonable for the manufacturer to sell
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The T-
—W ! retailer
_________ > The
manufacturer
L _W_p| The E-tailer f— — -|
|
——» Traditional channel |
e Internet channel P | P,
p. T P Reverse supply chain |
|
Primary |
conu/T\mers |
—(RPE)}— €*———— J
Replacement | —————————
consumers
FIGURE 1. Framework of the model.
The manufacturer annouces
the wholesale price
|&Decide retail price simultaneously9| .
T 7 >Time

v

[

(The T-retailer, The E-tailer)

FIGURE 2. The sequence of events in the static game about the T-retailer and the E-tailer (MS).

products to different retailers at the same wholesale price. Figures 2 and 3 depict the decision-making flow of
game events in the supply chain.

3.1. Problem descriptions and assumptions

In this subsection, we focus on pricing decisions considering RPE in several scenarios based on the sequence
of events illustrated in Figures 2 and 3. In the M-Stackelberg game, there are static and dynamic games among
game members, depending on the level of retailer channel power [45]. Our motivation for considering three
scenarios is to determine the optimal strategies for the manufacturer and retailers to respond to changes in
channel power under RPE.

First, we consider a single product in a single period market. Obsolete products are recycled into remanufac-
tured products with identical value as new products, in line with Dumrongsiri et al. [28] and Chen et al. [48].
Moreover, we assume pg as an exogenous variable that does not affect product demand. Previous studies on the
acquisition price of obsolete products have included endogenous variables, e.g., Fan et al. [33], and exogenous
variables, e.g., Savaskan et al. [49] and Ma et al. [17]. p, is considered as the exogenous factor. On the one hand,
this study focuses on the effect of reference price effects on the prices of new products and the profitability of
supply chain members. On the other hand, due to space constraints, the price and demand for new products are
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The E-tailer decides the e-retail
The manufacturer annouces price (or the T-retailer decides the t-
the wholesale price retail price)

Time

The T-retailer decides the t-retail
price (or the E-tailer decides the e-
retail price)

FIGURE 3. The sequence of events in the dynamic game about the T-retailer and the E-tailer
(ME or ML).

focused on exploring how the competitive pricing behavior of retailers affects the optimal decisions of supply
chain members. Further, most previous studies focusing on remanufacturing have considered the acquisition
price of obsolete products as an exogenous variable. This is true, for example, for consumer goods (e.g., cam-
eras, ink cartridges) with low salvage values and for which there is no secondary market [50]. In real life, home
appliances are easily obsolete. Most used appliances can only be recycled, and both have similar values. For
simplicity, we assume that the used products are identical, which is consistent with the research of Ma et al.
[17]. Second, following a large body of literature (e.g., [3,31,41]), we assume supply chain members are risk-
neutral and rational. Supply chain members are information-symmetric and profit-seeking. Third, we consider
that there are two types of consumers in the market (primary and replacement consumers); similar assumptions
have been used in many studies, e.g., Ma et al. [17] and He et al. [3]. Fourth, two sales channels are considered
in the market, i.e., the T-retail channel and the e-retail channel, to sell products to consumers, and such dual
channels have been widely studied [17]. Besides, consistent with Wang et al. [15], we assume that the cost of the
t-retail channel is higher than that of e-retail, i.e., ¢; > c.. Finally, it is reasonable to assume that RPE exists
in the market. As evidenced by previous studies [35,40,41], which examined and discussed in detail the impact
of the reference price effect on consumer purchasing behavior. These studies have consistently demonstrated
that consumers are influenced by price reference points when making purchase decisions. To be specific, factors
such as a product’s historical price, advertised price, retail price, or competitor’s price can be referred to as
reference prices. Consumers compare these reference prices with the current market price of a product to assess
its current value. The utility caused by RPE can be characterized as Ug; = u(r — p;)™ — p(p; — ), i = t,e.
Ur: represents the utility generated by the reference price effect on the traditional channel, Uy, represents the
utility generated by the reference price effect on the Internet channel, where
(r—p)t = {T_pi’ rp>0
0, r—p; <0

which is consistent with studies of Kopalle et al. [35], Wang et al. [15] and Wang et al. [43]. » means the reference
price, and p; denotes the actual retail price, ;1 and p represent the magnitude of consumers’ perceived gains and
perceived losses, respectively.

3.2. Consumer behavior

In this subsection, we consider that consumers are heterogeneous with respect to their willingness to pay v
which is assumed to be uniformly distributed between 0 and 1, and the total market size is normalized to 1
(e.g., [3,5,17,27,31]). The value of the parameter § is called the consumer acceptance of the e-retail channel,
where 0 < ¢ < 1. Higher 6 means higher acceptance. This hypothesis is reasonable. The reason why a consumer
receives a lower valuation of the online channel (§ < 1) is that consumers cannot easily touch, feel, and try
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products the products when shopping online, whereas traditional retail stores have more experience in after-
sales service [15]. Specifically, several empirical studies by Chiang et al. [27] and Luo et al. [51] showed that
consumers prefer traditional retail stores to e-retail channels. For many products, customer acceptance is lower
in the e-retail channel than in the retail channel. For example, consumers are less willing to pay for books and
consumer electronics in the e-retail channel than in the traditional retail channel. For a P-consumer, purchasing
a new product in two channels without RPE yields a net utility UY, = v — p, and U}, = v — p,, respectively.
If UX, > UY,, UX, > 0, P-consumers prefer to buy products from the t-retail channel. ¢, ¢¥, represent the
demand of P-consumers in t-retail and e-retail channels, respectively. The demand function can be characterized
as qu 0 fmax{m t=pey 1dv. We assume that the t-retail price is higher than the e-retail price, i.e., p. < dpy,

as confirmed by empirical studies (e.g., [52,53]). Thus, ¢&¥, = 0 fprpe 1dw. Also, to ensure the demand is non-
1—6
negative, § < 1—p;+p. Then, the constraints are obtained as follow, £ < § < 1—p;+p.. If Ugl > UN,UN, >0,

1 5

P-consumers are more willing to buy products from the e-retail channel. Then, g%, = 0 f 1 dwv. Similarly, for

R-consumers, purchasing a new product in two channels without RPE generates a net utlhty, URN, = v —p; + ps
and UY, = ov — pe + ps, respectively. The demand function of R-consumers, ¢f, = (1 — 0)(1 — 2=£=) and

qh, = (1- 0)(Bt=ke — B=<P2) gpo and gpo are the demands of R-consumers in dual channels. Then, the demand
of both channels can be derlved as follows.

Pt — Pe
0 =t T =1-"—5 (1)
N N N Pt —Pe  DPe Ps
= = —Z 4 (1-NH= 2
9 =49p1 T 9p2 = "5 5+< 0)5 (2)
Pe Ps
N =qr tap =1-F+(1-0)7 (3)

) )

Moreover, demands of the P-consumers and R-consumers under no RPE are ¢ = ¢f; +q3; = 0(1 — %) and
ay = ay + afy = (1 — 0)(1 — 2=5P=), respectively. Under RPE scenarios, since U = u(r — pe)* — p(pe — )",
Ure = pu(r — pe)™ — p(pe — 7)™, for a P-consumer, purchasing a new product in both channels will yield a
net utility Ury = v — p; + Ugy and Ugy; = dv — pe + Uge, while for a R-consumer, Urs = v — py + ps + Ugy
and Ugy = 6v — pe + ps + Ure. We assume that when the product is available in both channels, consumers
prefer the t-retail price as the reference price before making a purchase decision, i.e., 7 = p¢, thus, Ug; = 0,
Ure = (Pt — pe)-

Similar to the above case (without RPE), the functions for demand are as follows. g1 = 0(1 — %),
qE1 = @( 1+u1(_p(§ Pe) pefu((z;t*pe)), qre = (17@)(17 (1+M%(_p§fpe)), qp2 = (170)((1+ui(_1137pe) 7pefpsfg(pﬁpe))'
Therefore, with the RPE scenarios, the demand results for two channels are as follows.

(1 + 1) (pr = pe)

QT:(]T1+(]T2:1_1—_5 (4)
1+ - Ve e - Ve s

45 = am1 +4m2 = “l)ﬂpg pe) _ “(f;f p>+(1—®)% (5)

q:qT+qE:1_w+(1_@)%. (6)

Besides, the demand of P-consumers and R-consumers under RPE, ¢p = g1 + qg1 = 0(1 — %) and
qr =qr2 + qe2 = (1 —0)(1 — Pe—ps—g(pt—pe)).

To ensure a positive demand for the product, that is, ¢&¥ > 0, ¢} > 0, gr > 0 and gz > 0, then § €
(5,1 = (1 + p)(pt — pe)) holds.
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3.3. Sequence of game

The model structure considered in this study includes a manufacturer, a T-retailer, and an E-tailer. The
manufacturer sells new products through the t-retail and e-retail channels. Consumers can purchase products
from both channels but only buy one, as described in Figure 1. The upstream members of the supply chain
could recycle the obsolete product from R-consumers at a price ps;. The M-Stackelberg game is used to model
the game between the manufacturer and retailers, and the static and dynamic games are used to model the
game between T-retailer and E-tailer; the game sequence is illustrated in Figures 2 and 3. Scenario MS: The
manufacturer sets the wholesale price w, and then the T-retailer and E-tailer observe the wholesale price and
simultaneously decide the retail prices (p¢, pe). Scenario ME: The manufacturer first sets the wholesale price w,
and the T-retailer observes the wholesale price and sets the t-retail price p;(w), and then, the E-tailer observes
the decision of the T-retailer and determines the e-retail price p,(w, p;). Scenario ML: The manufacturer sets the
wholesale price w first, the E-tailer observes the wholesale price, then sets the e-retail price p.(w), and finally,
the T-retailer observes the decision of the E-tailer and determines the t-retail price p;(w, p.). We compare and
analyze how the optimal decisions of the supply chain members with and without RPE change under the three
games mentioned above by using the no-RPE scenario as the benchmark model.

4. BENCHMARK MODELS WITHOUT RPE

In this section, we consider a dual-channel RSC without or with RPE, where one manufacturer determines
the wholesale price, and one t-retailer and one e-retailer decide the retail price. For convenience, the subscript
M denotes the manufacturer, R; denotes the T-retailer, and R, denotes the E-tailer. All models in the study
are denoted by symbols: model-MYS, model-MYN¥ model-MNE, model-M?®, model-M¥, model-M*, which
represent retailers pricing at the same time, the T-retailer pricing earlier or later than E-tailer, respectively.
The superscript NV indicates that there is no RPE.

In Section 4.1, the optimal strategies of the three strategies under the benchmark model are explored. In
Section 4.2, a comparison of the optimal equilibria of the different strategies under the RPE is analyzed.

4.1. Model description without RPE

In this subsection, the profit functions of the manufacturer and the retailers can be formulated as.

mar(w) = (a7 +az ) (w —¢) (7)
T (pe) = @ (P —w — 1) (8)
The(Pe) = 4 (Pe —w — ce). (9)

Specifically, if retailers are in a dynamic game, pricing times would differ, i.e., pricing decisions are interde-
pendent. If the game is static, the decision between retailers does not affect each other. Let £ represents the
model type, £ = {MNS MNE MNLY
4.2. Equilibrium of dual RSC models under different scenarios

Combined equations (1)—(3) and (7)—(9), the following theorem are drawn.

Theorem 4.1. Under model-L, the optimal wholesale price, t-retail price, e-retail price, demands, and profits
are as follows.

Scenario MS (Model-MN%)

wNS* _ Ay NS* __ B NS* __ Cq NS* __ D, NS* _ Fy
= 30+2)’ Pt = 307906-a Pe T 362y IT° T 335-D0+0-4 ET T 3G-D0+2)(0—-4)’
NS* _ __Fy NS* _ _ Gy NS* _ __Hy aNST _ (A1—20042)0)Hy NS* _ (Bi—(6—4)A1—2(8+2)(6—4)er) Dy
dr~ = 256-2°9R  ~ 230-12)7 4 = 2%0-4° "™ T 1506+2)(6-4) ’ "R, — 1(3—1)(3+2)2(0—4)2 ’

ST (642)C1—(6-2)A1 —2(6-2)(0+2)ce) En
R. = 26(0—1)(0—2)(3+2)2(0—4) ‘
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TABLE 3. Compare for model-£ and model-R.

w* Pi pe qr
L>S>FE S<L<E S<E<L E<S<L
No RPE — 0 € (max(0,0,), 1) 0 € (0,min(02, 1)) 0 € (max(0, 03), min(P4, 1))
RPE - 0 € (max(0, 0s1), min(Ps2,1)) 0 € (0,min(Pc1, Pe2, 1)) 0 € (max(0,@r1), min(Prs, 1))
9k ap qr q
L<S<E S>E>L S>E>L S>E>L
No RPE 0 € (0, min(0s, 06, 1)) 0 € (max(0, 07), min(Ps, 1)) 0 € (0, min(0y, 010, 1)) 0 € (0, min(P11, 012, 1))
RPE 0 € min(0, min(Pp1,0p2,1)) 0 € (max(0,0p1),min(0p2,1)) 0 € (max(0,Pr1), min(@r2,1)) 0 € (max(0,0q1), min(Py2, 1))

Notes. L > S > E denotes model-M”* (model-M™*) greater than model-M*® (model-M™®) greater than model-M*
(model-M™NF), others similar.

Scenario ME (Model-MN¥)

wNE* _ Ao NE* _ Bo NE* _ Cy NE* _ Do NE _
2002—6—4)7 Pt 10-2)(62—s—4)7 Pe 800—2) 49T 80-1)02—o—4) 9E
NE* _ _ Fy NE* _ _ G NE* _ _Hy  _NE* _ (A2-2¢(0’-6-4)Hy _NE* _
860—-1)(0— 2)(52 -2y, P~ T 8G-2) IR T 82 4 = ®06-2 ™™ T "165(6-2)(02—06-4) ’ "R:
(B2—2(5—2)A2—4(5—2)(6°=5—4)cy) D2 _NE* _ ((5°=6-4)C2—4(6—2)A>—8(6—2)(6%>—5— 4)cF)E‘2
32(0—1)(6—2)(32—0—4)2 » TR, = 64(6—1)(0—2)2(02—0—4)2
Scenario ML (Model-MNT)
NL* _ A NL* B NL* _ _Cy NL* _ NL* _ _ Ej NL* F.
wht = Y = g2 Y = it @ = seheem B0 = w0 = meen
NL*  _ G NL* _ Hj NL* _ (As—4c)Hs NL* _  (B3—2(6—2)A3—8(5—2)c¢)Ds NL* _
4R = Be-o 4 = BWe-20 ™M T “16s(6-2) » "Ry 64(5—1)(3—2)2 » TR,

(C3—(0-2)A3—-4(5— Q)Pe)Es
325(5—1)(0—2)

The symbols in the values are given in Appendix A.
By comparing the results in Theorem 4.1, we have the following proposition.

Proposition 4.1. Under benchmark models, the following relationships of prices and demands hold if and only
if the value of O satisfies the threshold shown in Table 3,

(1) wNL >U)NS >U)NE }pNS <pNL*<piN )peS *<pNE <pNL
(i) gNE" < g9 < gV, gBL" < g9 < gNE", B9 > ¢NE”
qNE >qNL*

NS*

> gNE, gNS > gNET > BT, ¢V >

» 4

Proposition 4.1 provides the relationship between the decision variables in the three models, depending on
the proportion of P-consumers in the three cases, which may be higher or lower. In contrast, the wholesale price
is independent on (), implying that the proportion has no direct effect on the manufacturer’s pricing strategy.
When the value of () satisfies the threshold given in Table 3, the total market demand is highest under the MS
scenario. Under benchmark models, to ensure the expressions behave well, let 5% = iNV5" — iNE" y is only
used to distinguish the RPE case. In addition, we also study the effect of the channel coefficient on the decision
variables (see Figs. 4 and 5). Figures 4 and 5 illustrate that as ¢ increases, XfE > 0, XfE <0,i=w,qr, qp,
Qs @ J = Pes qB: X5& > 0, XEL < 0,9 = pi, qp, qp, qr, ¢ v = W, Pe, qri X2F > 0, xPF <0, k = qg, qp,
qr, ¢; | = w, ps, e, qr. To be specific, from Figure 4, x> (5) > 0, x5F(8) < 0, xEX(§) < 0, that means for
the wholesale price, scenario ML is greater than scenario MS greater than scenario ME. For p;, scenario ME is
greater than scenario ML greater than scenario MS; for p., scenario ML is greater than scenario ME greater
than scenario MS. The results suggest that the optimal retail price is the highest when retailers have an active
pricing advantage. Moreover, we observe that the changing trend in demand differs from the price. Figure 5
depicts the ME strategy has the lowest demand in the t-retail channel and the highest demand in the e-retail
channel; however, the opposite is true for the ML strategy, indicating that consumers prefer the channel with
lower prices. The MS strategy has the lowest retail price and the highest demand compared to the other two
strategies. This is because, in a situation where there is no RPE, the retail price level determines the demand
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FIGURE 4. Prices comparison without RPE (¢ = 0.4, ¢; = 0.2, ¢, = 0.1, § = 0.5, ps = 0.05).

TABLE 4. Compare for the manufacturer’s profit.

Scenario comparison Feasible region (0)
. , . NGEw —61—/EF 157606,
Without RPE Wﬁs > WﬁE > TrﬁL <0,m1n<1 §1+2;152:j fot2 >) U (mdx( & 26522; Sotz , O) , 1)
2 — — —
m(o,min(l —eor/EIGG )) U (max( Gy —&a—\/EF—asEs 0>7 1)
E5Ps E5Ps
S* E* L* . _ &+ 6 —4(utrDEne —&6-Ve *4(#+1)€nf2
RPE Ty > Tap > Tap (0,m1n<1 20T R Eape 1 ma. PRETA ,0,1

2(6+1)E5Ps

) ¥
N{ 0,min( 1— Va0 tEE 1 max _ —a-VET GG 0),1
’ 2(84+n)€s5Ps ’ )

Notes. The symbols in the values are given in Appendix A.

amount. The lower the retail price, the higher the consumer demand, and therefore the higher demand for the
lower-priced channel.

Proposition 4.2. When RPE is not considered, if the value of the proportion of P-consumers is not high or
low, the MS strategy is optimal for the manufacturer, the E-tailer prefers the ME strategy, and the T-retailer
prefers the ML strategy.

Proposition 4.2 shows that when the appropriate threshold for the value  is satisfied in Tables 4-6 (the values
are provided in Appendix A), different optimal strategic choices arise between the manufacturer and retailers.
When the above conditions are satisfied, the manufacturer prefers the MS strategy, and the ML strategy is most
unfavorable to the manufacturer without considering RPE. For retailers, dynamic sequential game decisions are
always more profitable than simultaneous decisions under certain conditions. One possible reason is that the
roles of the two retailers are asymmetric, giving one retailer a first-mover advantage to gain more profit by
choosing a greater demand. Interestingly, the optimal decision outcome of the supply chain members within
a certain threshold differs from previous studies [45], i.e., for both retailers, the retailer with the first-mover
advantage is less profitable than the second-mover advantage. Clearly, as the threshold value () changes, the
optimal decision of the supply chain members changes accordingly. This means the optimal decision is not
unique and depends on the threshold level of 0.
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FIGURE 5. Demands comparison without RPE (¢ = 0.4, ¢; = 0.2, ¢, = 0.1, § = 0.5, ps = 0.05).

TABLE 5. Compare for the profit of the T-retailer.

Scenario comparison Feasible region (0)

* * * 0 2_ Do (6—1)2 _ ,\/2,7,,2
Without RPE n,’}’f < wﬁf < wﬁf <O7 min<1 — MW—W, 1)) @] (max(l - %»0>7 1)

2v2(6-1)ps

—v, 2_ - — 2_
n(o,min(l - vt 1)) U (ma.x(l - %,0),1)

* * * — DT/ P12 — Tovz —o1 /72— Tova
RPE 75, < 7h, < Th (O,min(l— %,1)) U <max<1—w,0),l>
. —vi+/Da%—4(1+p)(6—-1) U305 — U1 —+/U12 —4(1+p)(5—1)v305
ﬂ(O,mln(l e 2(1:#)(5+#)%p5 3% 1)) U <max<1 - 2(14+“)(5+#)%p§ 2 5,0), 1)

Notes. The symbols in the values are given in Appendix A.

5. MobpeELs wiITH RPE

In this section, RPE is considered from the perspective of consumer purchasing behavior. Three scenarios
(MS, ME, ML) are proposed in a dual RSC with RPE.
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TABLE 6. Compare for the profit of the E-tailer.

Scenario comparison

Feasible region (()

NL*

NS* NE*
<mg, < TR,

Without RPE 7,

—914+4/92 —1699: . —91—
(max(l—lilm,o ,min( 1 - =2

892ps

2(6—1)ps ’

/9T =160005 1>>ﬂ

892ps ’

. —V4+4/93—4(5—1)29305 . —¥4—4/093—4(6—1)29395
<max(l -t - — =2 0),min( 1 — B T P 1

g% = jon
RPE Tr, <Tr, < TR,

(o

8(1+p)292ps

2014700575

<0 mm(l V01 16(4)2 9095 1)) U (ma.x(l =91V 1604 w)2 9095 0)_ 1)

8(1+1)202ps

2(1+p)05ps

mm<1_ —TatV/0r 4 n) 0305 WQ) U <max<1_ 523 a3 05 WO>1)

Notes. The symbols in the values are given in Appendix A.

TABLE 7. Optimal solutions in the models for R = {M*°, M¥ ML},

Model-M* Model-M* Model-M*
w* Af _ ALl AR
2(p+1)(5+2) 2(62—(14+p)5—3u—4) A(p+1)((A+6)p+2)
o Bf BE BE
Pt 2(8+2)(6—3u—1) 4(6—p—2)(62=(1+pn)6—3u—4) —8(1+p) (6—p—2)((1+5)p+2)
. cf ch ch
Pe 2(u+1)(5+2)(3—3u—4) BA+m) (0—p—2)(02—(1+m)d—3u—4a) —A(1+p) (6—p—2)((1+3)p+2)
« DR DE DE
ar 2(6—1)(6+2)(6—3u—4) —8(5—1)(82—(14+u)d—3u—4) —8(6—1)(6—p—2)((1+6)u+2)
* Ef ER ER
4B 5(6—1)(0+2)(6—3u—4) B3(6—1)(0—p—2)(32—(1+p)6—3u—4) B3I+ (6—1)(1+3)u+2)
* R FR FI
ar 26(6—3u—4) “86(6—p—2) TRt (0—p—2)
* lelid cf cf
4r 25(5—3u—4) —85(6—p—2) —85(1+p) (6—pn—2)
* HE HE HE
q 35(6—3u—14) —85(6—p—2) R+ (6—n—2)
ot (AR —2¢(u+1)(542)HE (AR —2¢(82—(1+p)6—3u—4))HE (AR —de(ut1)(1+8)p+2)HE
M 45 (p+1)(64+2)(6—3p—4) —166(6—p—2)(62—(1+p)5—3u—4) —325(6—p—2)((1+8)u+2)(1+p)2
DE((u+1)Bff — (6 —3u — Al — 2045+ 2) DEBE — 206 — p—2)Al —4c(s — - 2) DR(BE + 26 — p—2)AF £ 8,1+ )
e (n+1)(5 — 3 — 4)) (52 — (14 )8 —3p — 1) (6 — 1 —=2)((1+8)u+2)
Ry 4(6—1)(n+1)(6+2)2(6-3u—4)? —32(6—-1)(6—p—2) (82— (1+p)6—3u—4)2 64(6—1)(1+1) (6—p—2)2(1+5)u+2)2
ER(CE - (5—3u—0aR _2c.5+2) BRER —a0 + w5 —p - 2)AR —8ce(1 4 ) BRCE+ (56— n—2AR + 41+ )
- (n+1)(5 — 3p — 1)) 6 — =22 — (1+p)s —3u —4)) (6 —p—2((A+8Hu+2)
Re 25(6—1) (u+1)(6+2)2(6—3pu—4)2 645(6—1) (1+p) (6—p—2)2 (62— (1+p)6—3u—4)2 —325(0—1)(1+w)2(6—p—2)(1+8)pu+2)?

5.1. Model description with RPE

In this subsection, the profit functions for manufacturers and retailers are expressed as follows.

v (w) = (qr + qr)(w — ¢) (10)
mre(Pt) = qr(pe — w — ¢¢) (11)
TRre(Pe) = q(Pe — W — C¢). (12)

Equation (10) reflects the manufacturer’s profit comprising wholesale price minus cost multiplied by total
demand, equation (11) indicates that the traditional T-retailer’s profit consists of retail price minus wholesale
price minus cost multiplied by demand in the traditional channel, and equation (12) presents that the E-tailer’s
profit consists of retail price minus wholesale price minus cost multiplied by demand in the electronic channel.
R represents the model type, R = {M* M¥ ML},
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5.2. Equilibrium decisions with RPE under different scenarios

Using backward induction and game theory, the following equilibrium solution is derived. The detailed parsing
process is shown in Appendix A.

Theorem 5.1. In model-R, the optimal results for decision variables, demands, and profits are summarized in
Table 7.

By comparing the results of Theorem 5.1, the conclusion of Proposition 5.1 is drawn.

Proposition 5.1. For R = {M°, M¥ ML}, the following relationships of prices and demands holds,

() b > wS > wE ;pf < pE < pE’, if and only if max(0,0n) < 0 < min(Dia, 1); 7 < pE” < pL’, if and
only sz <h< mln{(beh 2, 1}.

(i) of <af <af . ap <dqp <d4B . qp >af >ap .4} > 45 >4k 4
is satisfied in Table 3.

ST > P > ¢, if and only if 0

The relationship between wholesale price and retail price in three cases depends on the threshold of (. From
Figure 6, when ¢ is less than 61, p? < pr < pF (07), when § is greater than &1, pf < pF < pl” (6]). Near
61, wP < wd < wt (57)w" < w¥ < wP (d;).This implies that the optimal wholesale and retail prices are
directly related to the channel coefficients and the proportion of consumers. It is found that the MS strategy
has the lowest retail price and the highest total demand when there are neither too many nor too few consumers
who do not own the obsolete product. Comparing the results of the distribution channel studies shows that the
demand under the MS strategy is in the middle of the level, neither too high nor too low. Thus, the proportion
of P-consumers is at different intervals, leading to different optimal decisions. A detailed analysis of the impact
of the proportion of P-consumers on the profitability of supply chain members is given in the numerical analysis
in Section 6.

Proposition 5.2. When the proportion of P-consumers is at a certain threshold, no higher or lower, then
715\; > Wﬁ* > WJI;;, W}%: < Wg: < W}%Z, WI%: < WIL%Z < WE:.

The comparative analysis of the equilibrium results of the three strategies changes when RPE is considered
in the model, especially for the E tailer s profit. From Figure 7, not far from the level of d5, we find that,
w5 <k <wE(67), m5, < wE <k (65). The effect of the channel preference coefficient on the E-tailer’s
profit level is notable. Higher channel levels lead the E-tailer to choose the ML strategy. This is because channel
preference is sensitive to consumers’ purchase decisions. The higher the channel preference, the higher the sales.
Under the ML strategy, the E-tailer has a first-mover pricing advantage and uses higher channel preference to
increase sales and profits. As p increases to some degree, the prices and demands of the three strategies change,
which causes the profit level of the e-tailer to change. In addition, the optimal strategy of the manufacturer
and retailer is the same as those in benchmark models. This means that when considering RPE in the supply
chain, the level of the channel coefficient would result in subtle changes in the wholesale and t-retail prices in
the three decisions. The change in sales volume could be negligible, leaving the choice of the optimal decision
for the profit level of the manufacturer and the t-retailer. Besides, u can increase the comparative area of the
three strategies within a constrained setting. Therefore, some insights can be gained. The optimal strategy for
the manufacturer and retailers depends on the P-consumers’ proportion. The proportion of P-consumers will
be determined from the value of §, p and the price of the obsolete product.

Corollary 5.1. Under RPE, the total supply chain profit of the ME strategy is the highest.

The result can be derived from Proposition 5.2. Although the optimal options of the manufacturer and the
retailers are different, the E-tailer’s profit and the supply chain’s total profit are the highest under strategy ME.
As can be seen in Figure 8, the total profit is the lowest under ML strategy. The total profit under strategy
MS is very close to that of strategy ME. The optimal strategy for the manufacturer and retailers depends on
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FIGURE 8. Total profits with RPE (¢ = 0.4, ¢; = 0.2, ¢c. = 0.1, § = 0.5, p, = 0.05, u = 0.1).

the proportion of P-consumers. If the proportion of P-consumers is neither too high nor too low. In that case,
the optimal strategy for total supply chain profit is the ME strategy, i.e., the T-retailer pricing earlier than the
E-tailer. Under the MS strategy, the manufacturer earns the highest profit but does not make retailers choose

the MS strategy by coordinating contracts because by calculation, we find that a reasonable payment function
F, would not be found satisfying F € [ﬂét + wﬁ* - Wﬁ: - w%:, w3, — max{r¥ 7k }]. Thus, the manufacturer

and retailers have different optimal strategies, and it is possible to negotiate the distribution of profits among
supply chain members if the strategy with the highest total profit in RSC is chosen.

R *
Proposition 5.3. Under the precondition that p > max(0, (;‘Tl), — 1),the wholesale price w®" increase in
1/p
* R *
u, (i.e., ag’i > 0); p > max(0, (:T?), — 4_5‘33’5), the wholesale price w¥
2 )

p R_ (e Ry — TNz 7 T
1> max(0, 3(14+6) As'—(3+6) (A3 )“+\/(3(1+6)A§2((ﬁ:§)&4§2“)2 8(1+40)(Al)], (2(Al), —3(1+6) AT) ), the wholesale price w
3/

- . . E*
increase in u, (i.e., 87“8”u > 0);

L*

increase in u, (i.e., ‘97(,’;: >0). (Agf);‘ denotes the first-order partial derivative of AY with respect to p.

Proposition 5.3 illustrates that w increases with p in three cases when u exceeds a certain level. As p increases,
the wholesale price increases faster. When p meets a certain threshold, the increase in wholesale price under the
MS strategy is even more significant (see Fig. 9). The reason is that the reference price has a very strong influence
on the manufacturer’s decision. When the reference price parameter is higher, the optimal wholesale price also
increases, thus affecting other variables. In other words, it is wise to consider the influence of the reference price
appropriately for the manufacturer. In the following numerical study, optimal profits are explained in more
detail.

Proposition 5.4. (i) When {u € Rt | BF < %},{u € RY | BE >
—(6—p—2)(8—(1+p)d—3u—4)(Bf) N A —(14m) (—p—=2)(148)p+2)(B5") }
G (100 3a- 4+ 0278 1 H e TS (G ) TEes) = Gy (R P R e G R

holds, the retail price p?* decreases in u, (i.e., 85; < 0); otherwise increase.
. (u+1)(5+2)(6—3u—4)(CF),
(ii) When {p € Rt | (5;2)(5 S 1) g(6+2)(u+1) < By, {p e RY | Cf <
(L4 (6—p—2) (82— (14+)—3u—4) (CR),, R
(6—p—=2)(62=(1+p)0—=3p—4)+(1+4) (= (0% — (1+4)d —3u— 4)—(3+5)(6—u—2))}’ {u < RY | Cs <
(144) (6—p—2) (1+8)u+2) (C),, o . : ,
(5 (T2 ) (- ((1+6)u+2)+(5 2T } holds, the retail price p%* increases in pu, (i.e.,

pe) Where o = S, E, L.
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When the reference price parameter is within the above-aggregated range, it is observed that the t-retail
price decreases with the increase of the reference price parameter. However, the t-retail price increases with the
reference price parameter after a critical value. Within a given range, the e-retail price increases with u. As
1 increases, the t-retail price increases fastest under the MS strategy, while the e-retail price increases fastest
under the ML strategy. Under the ME strategy, the t-retail and e-retail prices increase slowly as u increases.
Moreover, when the effect of 14 is considered, we find that the optimal retail price of the T-retailer prefers the ME
strategy over the ML strategy. In contrast, the E-tailer favors the ML strategy over the ME strategy over the
MS strategy. In other words, the first mover decision works when retailers make decisions without considering
the effect of the reference price factor. However, the first mover advantage does not work when the reference
price factor is considered.
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%} holds, ¢° increase in u, (i.e., % >0);
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o

Proposition 5.5. When the set { € RT | HE >
when the set {u € RY | HE < —(§ — pu — 2)(H§‘);L} holds, ¢%" increase in p, (i.e., 2

> 0); when the set

— - Ry’ *
{peRT | HE < (H(’g)_(i_';)(gl)f_f;’ )“} holds, q"increase in p, (i.e., agz >0).

From Proposition 5.5, we find that the total demand under the three strategies increases with the reference
price parameter. The same trend is reflected in the manufacturer’s wholesale price. In particular, ¢°  increases
rapidly with p, while ¢ increases slowly (see Fig. 10). This is because the reference price parameter has
an extreme effect on the wholesale and retail prices. Under the MS strategy, the wholesale and t-retail prices
increase sharply as p increases, while the price of the E-tailer decreases and then increases. For consumers, the
manufacturer sets higher wholesale prices regardless of whether they own the old product; as consumers become
more sensitive to reference behavior due to the perceived benefit effect, t-retail and e-retail prices increase. This
is consistent with previous research [35]. This implies that an increase in customer reference price behavior
allows the manufacturer and retailers to increase profits by raising prices.

Proposition 5.6. (i) Under the model-R, when u satisfies the set {u € R™ | f$, > 0}, the profit of the
manufacturer increases in p. (ii) Under the model-R, when p satisfies the set {u € R* | f5 <0}, {p € RT |
[#. > 0}, the profit of the T-retailer decreases in y, while the profit of the E-tailer increases. f3;, i and f3
are given by (A.9)-(A.17) in Appendiz A.

According to Proposition 5.6, when g is small enough, the reference price reduces the profit of the T-retailer.
As p gradually increases to a certain level, the reference price increases the profit of the T-retailer (see Fig. 11).
In the MS strategy, the profit of the T-retailer decreases fastest. Conversely, in the ML strategy, the profit of
the T-retailer decreases slowly as the reference price parameter increases. As p becomes progressively larger,
retailers’ profits change inversely, and the first-mover advantage of pricing comes into play. The reference price
increases the profit for the E-tailer, and the manufacturer’s profit follows the same trend. When pu satisfies
{we RY [ f3; >0}, {ne R | fg, <0}, {ne R"|fj >0}, phardly affects the manufacturer’s optimal profit
decision. However, for the E-tailer, the profit changes the opposite way for a T-retailer. y is small enough that
profits grow fastest when the E-tailer prices later than the T-retailer, but as p increases, the E-tailer’s profit
grows fastest under the ML strategy. This is because the RPE plays a dominant role in consumer behavior
decisions, affecting demands and profits. The higher p is, the more sensitive consumers are to reference prices.
This suggests that retailers need to fully understand the impact of RPE on profits and make the best decision.
Therefore, we can draw some management insights. A lower reference price parameter does not change the
optimal strategy of supply chain members with or without reference prices. The optimal strategy depends on
the game sequence between the manufacturer and retailers.

6. ANALYSES

This section discusses the impact of the parameters in the model (the reference price coefficient, channel
coefficient, and consumer proportion) on prices, consumer surplus, and profits.

6.1. Scenarios comparison

In this subsection, we discuss model-M ™S and model-M*®, and other cases are similar. Comparing the optimal
results in Theorem 4.1 and Table 7, the following corollary can be drawn.

Corollary 6.1. When max(0,02,03,04) < p < 01 holds, w® > w5 ptS* < pivs*; pévs* < pes*; ﬂf/; >
5" when {n € RT | ©5 > 0,04 < 0} holds, w5, < a5 ; 7N < mf .

e

(5—2)cR

o _ %a 1 ey _ (475)‘%{:731)’ 0, _ 67+\/(57)2+22(64(5+2)011)’
@—\/@2—12(A1—2c(5+2))H1((Af—2¢(5+2))(5—4)H§—(A1—2c(5+2))(5—4)H1)
6(A1—2C(6+2))H1 )

0y =
©5 = (6 — 4’Dff((p + B - (0 -
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81— 4)AR — 26,(65 + 2) (1 + 1)(6 — 35— 4)) — (1 + 1)(6 — 3 — 2(By — (6 — 9)A; — 2(5 + 2)(6 — 4)er) Dy,
O = BI(CT — (5= 31— 4) AR —2¢,(5+2) (1 + 1)(6 — 31— 4))(6 = 2) (6 — 4) — (u+ 1)(6 — 31— 4)2((6 +2)Cs —
(65— 2)A; — 2(5 — 2)(5 + 2)ce) Er. Where © = (5 — T)Ay — 2¢(6 + 2))Hy + 2¢(6 + 2)(6 — 4)HE.

Corollary 6.1 shows that when max(0, ©2, ©3,0,4) < u < 01, the wholesale price, e-retail price, and manufac-
turer’s profit are all greater for the model with RPE than for the one without RPE, while the opposite is true
for the t-retail price. When {z € R™ | ©5 > 0,04 < 0} holds, the T-retailer with RPE is less profitable than the
one without RPE, while the E-tailer’s profit is the opposite. This suggests that reference price behavior affects
the decisions of supply chain members. When p is at a specific bounded level, the behavior is beneficial to the
manufacturer and the E-tailer but harmful to the T-retailer. This implies that RPE significantly increases the
profits of the manufacturer and the E-tailer.

Besides, Figure 12 displays that as the channel coefficient increases, the profits of the manufacturer and
E-tailer increase, while the profit of the T-retailer decreases. Particularly, to illustrate the effect of P-consumers
proportion on the RSC, the level of () greater or less than 0.5 is given by numerical analysis. From Figure 10, it
can be observed that when () = 0.3, the optimal wholesale price, retail price, and profit are higher than when
() = 0.7. Therefore, lowering the proportion of P-consumers will benefit supply chain members. However, under
the RPE condition, neither a high nor a low proportion of P consumers is enough to make up for the profit lost
by the T-retailer due to RPE.

6.2. Numerical examples and analyses

In this subsection, we discuss model-M V% and model-M*, and other cases are similar. Comparing the optimal
results in Theorem 4.1 and Table 7, the following corollary can be drawn.

To better understand the effects of the reference price coefficient, channel coefficient, and consumer proportion
on the profits of the manufacturer, retailers, and consumers, numerical analyses are established in this research.
The parameter values in the numerical experiments of this study remain largely consistent with earlier work
[17,26].

6.2.1. The impacts of RPE and primary consumer proportion on firms

On the basis of the above propositions, the cases of ME and ML are identical to the analysis above. In brief,
RPE plays a different role in the decision of the manufacturer and the two retailers under different p settings. In
addition, from the left to right of the fifth Figure 12, there is a reduced tendency in the profits of the T-retailer
as the proportion of consumers increases. This is because gr is not directly related to () as shown in equations
(1) and (4). The higher the value (), the lower the price. As the reference price parameter increases, Figure 12
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shows a similar trend to the second subplot of Figure 11, i.e., the higher the proportion of consumers, the lower
the profit of the T-retailer. This means that more primary or replacement consumers would not affect sales at
T-retailer, regardless of how the proportion changes. As shown in Figure 11, when p gradually increases within
a specific range, the profits of the manufacturer and E-tailer increase with the reference price parameter. In
contrast, the profit of the T-retailer shows the opposite trend. This finding is contrary to the study of Wang
et al. [15], which showed that retailers prefer to use their own prices as the reference price, whereas our study
indicates that the profit of the T-retailer decreases with the increase of the reference price parameter when the
price of the T-retailer is used as the reference price. Between () = 0.3 and () = 0.7, the profit of the t-retailer
keeps a small distance and slowly decreases (see Fig. 13). The profits of the manufacturer and retailers are higher
when the proportion of P-consumers is low due to the greater consumer preference for the electronic channel.
For example, in common applications, certain goods are targeted explicitly with marketing strategies to attract
specific groups of people and increase demand, thus increasing profits. The suggestion given in this study is that
to maximize the benefits, the firm attracts more R-consumers by developing appropriate strategies.

6.2.2. The impacts of RPE and consumer proportion and channel coefficient on consumer surplus

This subsection discusses the impact of the related parameters on consumer surplus. Based on the difference
between the value of the product and the price the customer is willing to pay, the consumer surplus for benchmark
models is calculated as follows.

1
(6v — pe)dv + (1 — @)/ psdv.  (13)

Pe —Ps
5

Pt —Pe Pe
5

1 T
CSN:ﬁ,p (U*pt)d’l)+/ (5v—pe)d’u+(1f@)/

Pe —_Ps
5
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From equation (13) and Theorem 4.1, it yields,

(1 +2(1 = 0)ps — 2pt)0* + (2p¢ + 2pepr — P — 1+ ps(2pe — ps +2)(0 — 1))d — pZ — ps(2pe —ps) (0 — 1)
25(6 — 1)

csh =

The consumer surplus with RPE models is given,

1 A+p)(Pe—pe)
-5

CS5 = A+p) (Pt —pe) (U _pt) dv +ﬁ —n(pt—pe) (51] “ et 'u(pt _pe)) dv

Pe—p(Pt—pe)
e 5t e 1

wa=0 [ gt ut-p))dor (1-0) [ pedv,

Pe—Ps—1(Pt—Pe)
5

According to equation (14) and Table 7, it is concluded that,

CS = ((2(1 — 0)ps — 2p; + 1)6% + (2p4 + 2pepr — 2up; — P} + 2upeps — 1
+ ps(0 — 1)(2pe — ps + 2p(pe — pt) + 2)8 — p’p; — 2up? — P2 + 24> pepy
+ 2upepr — ps(0 — 1)(2pe — ps + 2u(pe — p1))))/(26(6 — 1)).

The optimal consumer surplus is shown in Table A.1 in Appendix A. Figure 14 illustrates that under the MS
strategy, the highest consumer surplus is found for the model with no RPE or a smaller .

Corollary 6.2. Comparing the three strategies, consumer surplus is highest under RPE when the T-retailer
and E-tailer are in the static game.

Corollary 6.2 indicates that R*gL , RgL , and RgE are more than zero as p and § increase (see the three
subplots of Fig. 14). This suggests that the consumer surplus under the MS strategy is the highest regardless
of whether RPE is considered. When g varies very little, RPE hardly affects the level of consumer surplus.
Further, Figure 15 explores that consumer surplus is higher under RPE when the proportion of P-consumers
reaches 0.3. By comparing o1 and as, az and ay, as and ag, consumer surplus increases with the reference price
coefficient at roughly the same rate of growth but not with the proportion of P-consumers. The fastest growth
is in the MS strategy. This means MS has a higher consumer surplus when the proportion of P consumers is
small. The possible reason is that R-consumers can partially offset the cost of obsolete products when they
rebuy new products. The market is more attractive to R-consumers, so a large proportion of R-consumers is
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most favorable to supply chain members (including the manufacturer, retailers, and consumers). When the
reference price parameter increases, it is detrimental to the profit of the T-retailer. Initially, the T-retailer may
lower prices to compete for more demand. When electronic channel preference declines due to perceived losses,
the E-tailer will lower prices accordingly to seek demand. The T-retailer will then raise prices to increase the
reference price, and the overall benefit to the supply chain will increase as consumers are willing to pay a higher
price for the product due to the perceived gain.

6.3. Rationale and insights

Based on the above findings, the study provides some rationale from a game theory perspective and some
management insights from an operations research and management perspective.

6.3.1. Rationale

This subsection discusses the impact of the related parameters on consumer surplus. Based on the difference
between the value of the product and the price the customer is willing to pay, the consumer surplus for benchmark
models is calculated as follows.

Combined with previous work on non-cooperative game theory in the OR/MS literature (e.g., [45,54-59]),
a mechanism is revealed for the rationale of the findings by the research. In Matsui’s [45] study, “strategic
complements” and “strategic substitutes” are common. Strategic complements refer to the fact that if one player
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adopts a more (less) aggressive strategy, other players will also adopt a more (less) aggressive strategy, i.e., there
is a positive correlation between the strategic variables decided by the players. Strategic substitutes refer to
the fact that when one player increases his/her strategic variable, the other player decreases his/her strategic
variable. That is, there is a negative correlation between variables characterized by strategic substitutes. The
existing literature suggests that prices set by multiple firms in price competition are strategic complements, while
quantities determined in quantity competition are strategic substitutes [54]. Since we consider price competition
(Bertrand competition), the strategic variable (price) is a strategic complement. Strategic complements are used
in price competition to explore the intuition behind the results through pricing sequences. The study finds that
sequence S yields the highest profit for the manufacturer and the highest consumer surplus. As shown in
Propositions 4.2 and 5.2, the sequence generates the highest profit for the manufacturer. Due to the different
structures of the dual-channel supply chain explored, this result differs from that of a peer paper [45], which
showed that the highest profits are made under sequence E. This is because, in sequence S, p; and p. have
no strategic impact on the manufacturer, who is the leader of the game and decides about w on based on the
price response function. The retailer simultaneously makes decisions on prices, resulting in p;(w) and pe(w),
which are replaced in the manufacturer’s expected profit, and p; and p. no longer appear. The expected profit
of the T-retailer and the E-tailer depends on the level of wholesale prices. Therefore, under the S sequence, the
manufacturer can predict the retailer’s pricing level well and has a definite strategic advantage.

Second, considering the sequence E. The pricing sequences of the T-retailer and the E-tailer are different;
when the T-retailer sets the retail channel price p; at the early stage, the E-tailer calculates by backward
induction, and then slightly lower p. to gain a larger share of the market. This puts pressure on the T-retailer
to maintain a high price (higher than the price in sequence S) to avoid the very low price from the E-tailer.
As a result, the prices of the manufacturer and retailers are higher than the price levels in the simultaneous
movement game. In sequence E, the T-retailer, as the party that first decides the retail price, has an incentive
to raise the price, but this also ignores the fact that competitors compete for more demand by lowering the
retail price. As shown in Proposition 4.1(ii), in sequence E, the T-retailer has the smallest demand. As a result,
the first-moving play is not dominant in the pricing strategy. This is because the later mover is concerned that
the first mover has the upper hand in the pricing sequence, thus, lower the price to compete for more advantage
in the demand market. Therefore, the strategic effect is counterproductive in terms of the strategic behavior
of the retailers; that is, the aggressive strategy of one player reduces its own profit but increases the profit
of its competitors. The results suggest that the first mover does not dominate the pricing strategy because
of late-mover advantage, which is consistent with Gal-Or’s [55] and Amir’s [59]. Moreover, the same is true
for the L sequence. When retailers have the same pricing sequence, the retailer will choose to lower the retail
price due to the fear that the other player will lower the price to compete for more markets. This also verifies
Proposition 5.1(ii) that demand is not the highest. The reason is that market demand is affected by prices and
consumer preferences such as channel acceptance. Therefore, the results show that the demand for simultaneous
games is at an intermediate level, i.e., ¢¥ T < qf,gf < q%*, qg < q}g* < qg*. A higher price in sequence E will
reduce the sales volume in the channel, thereby reducing the manufacturer’s profit. In order to minimize the
decline in sales volume, the manufacturer must lower the wholesale price wZ" below w®™ to attract retailers to
increase sales, hence w? < w® < w’” holds. It is worth noting that since the reference price coefficient has
little influence on the demand function, see equations (3) and (6), the decision of the game theory members is
more or less the same as that of the benchmark model, even if the model takes into account the reference price
effect.

This study deals with the price competition problem of retailers and is the first application of strategic
complements to a remanufacturing dual-channel supply chain with RPE. It can be observed no analytical
difficulties are encountered, although the model may have some computational complexity. Considering the
profit difference under different decision sequences, as shown in Figure 7, as the channel preference increases,
the profit difference R 161 of the sequences S and L decreases, and the profit difference Rflé decreases in sequences
E and L and the profit difference Rf;f; between S sequence and E sequence increases, suggesting that there is a
potential effect of the channel coefficient on market demand. This also hints at a competitive situation among
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retailers, i.e., retailers do not capture the largest market share despite lowering each other’s prices. The profit
of the T-retailer will be negatively affected when consumers prefer electronic channels. Under sequence E, the
profit of the E-tailer is the highest. As the channel preference increases, the demand for the electronic channel
will increase. In contrast, the demand for the T-retailer will be harmed, and to minimize the decrease in sales,
the T-retailer will increase the price in sequence E. Therefore, as the channel coefficient increases, the profits
of the T-retailer will increase slightly, and the profit of the E-tailer will decrease slightly so that the profit
difference RTS”@ and Rfﬁ will decrease. Since the profit of sequence S is not affected by p; and p. , the profit is
slightly stable. Thus, Rfﬁ will increase. Overall, the channel coefficient has little effect on the manufacturer’s
profit strategy within a certain range, so wf/; > wﬁ* > wfj holds.

6.3.2. Insights

From the above discussion of results and parameter sensitivity, the managerial and academic insights can be
drawn as follows.

Insights 1. The profits of the manufacturer and the E-tailer are positively proportional to the channel coeffi-
cient, and profits could be increased by improving channel preference, such as increasing consumers’ willingness
to online e-retail shopping. Meanwhile, the T-retailer is inversely proportional and may lower price to capture
more demand. It is suggested that firms consider the influence of reference prices in their decisions, with relatively
low reference price parameters favoring supply chain members. Supply chain members could adjust strategies
according to consumer behavior (reference prices) to gain more marginal. To maximize profits, companies need
to lower the reference price threshold by reducing the wholesale price.

Insights 2. The optimal profit decisions of the members in the game theory depend on the different pricing
timing of the retailers. It is suggested that the manufacturer makes decisions to adjust the wholesale price
appropriately according to the pricing behavior of retailers so as to equilibrate the profits of the members.

Insights 3. Profits and consumer surplus are inversely proportional to the proportion of primary consumers.
The profitability of the supply chain members depends on the threshold value of u. When the reference price
parameter is relatively low, the profits of the manufacturer and retailers are relatively higher. Therefore, the
manufacturer can offer more discounts to R-consumers, then the proportion of customers who do not own the
obsolete product will be relatively small; as a result, the supply chain members will gain more profit.

7. CONCLUSIONS

This study constructs a dual-channel supply chain consisting of a manufacturer, a T-retailer, and an E-tailer
in a market where there are only primary and replacement consumers to explore the influence of reference price
behavior on the dual-channel RSC decisions. We consider the M-Stackelberg game, in which there are static and
dynamic game situations for retailers and analyze the game process using game theory and backward induc-
tion. The following conclusions and insights are drawn based on the optimal equilibrium results by comparing
important correlation results and sensitivity analyses to parameters.

Based on static and dynamic game choices and taking into account RPE, six different equilibrium outcomes
are derived. Some findings are found. First, the proportional interval of P-consumers determines the optimal
decision choice whether RPE is considered. Second, the optimal strategy of the manufacturer and retailers
differ. The optimal choice of the manufacturer is the MS strategy, the T-retailer is the ML strategy, and the
E-tailer is the ME strategy. The total profit of the supply chain is highest under the ME strategy. Under the
MS strategy, the manufacturer cannot balance retailers’ profits through a revenue-sharing contract. Third, the
reference price parameter is relatively small and does not affect the optimal choice of the manufacturer and the
retailer. However, as the reference price parameter increases, the profits of the manufacturer and E-tailer increase
while the returns of the T-retailer decrease. Additionally, the game between a manufacturer and two competing
retailers is explored from the perspective of a non-cooperative game. Previous studies believed the first mover has
more decision advantages in the dual-channel price competition. However, our findings suggest that the second
mover has a decision advantage for retailers. This provides more possibilities for decisions in competitive games
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with different channels. Several insights are obtained. First, the profits of supply chain members are inversely
proportional to the proportion of primary consumers. The lower the proportions, the higher the profit. Second,
the reference price plays a dominant role for supply chain members, and decision-makers can take advantage
of consumers’ perceived gain and perceived loss psychology to set reasonable wholesale and retail prices. For
example, the analysis in this paper suggests that, due to the role of the reference price, the T-retailer can reduce
the price first and then increase the retail price to increase the demand and improve the profit. Third, the level
of channel preference coefficient affects the demand of the dual-channel; the higher the preference of the e-retail
channel is, the more harmful it is to the T-retailer, so it is suggested that the T-retailer needs to make more
efforts to attract more consumers to choose the t-retail channel.

Limitations and future research are as follows. Although this research yielded many interesting results and
insights. However, this paper remains shortcomings and limitations. First, the article assumes that t-retail
prices are used as the reference price; actually, using online retailer’s prices as the reference price would lead
to different findings. Second, the supply chain structure considered in this study is one manufacturer and two
retailers. In real life, a manufacturer may face many retailers, and as a future research direction, a supply
chain structure with multiple retailers in a multi-channel environment can be considered. Third, the study
considers the remanufactured supply chain, where there is no difference between new and remanufactured
products in terms of function and role. As a future direction of concern, some interesting results can be found
by considering reference quality effects between the new and remanufactured products within the context of the
limited rationality of the game participants.

APPENDIX A.

Let A; = (—ct+c+ (1 —0)ps +3)0+2(—ce +c+ (1 — 0)ps)
B1 =2((1—0))ps +2)6% — (¢t + 2¢ce + 3¢+ (1 — 0))ps +5)8 — 2(4ey — e + 3¢+ 5(1 — 0))ps + 4)
C1=20%+(—c; —c+3(1 = D)ps —5)5 — 2(ce + ¢+ 3(1 — D)ps)
Di=(ci+c—(1=0ps —1)6* + (et +c— (1= 0)ps — 7)0
By ==+ (ce+c—(1=0)ps +2)0%+ (et —2ce +c— (1
Fi=0((c; +¢—3(1—0)ps —3)6 +2(ce + ¢+ 3(1 —0)ps))
Gr=(1=0)(((ct + ) + (30 — 1)ps — 3)d + 2((ce +¢) — (14 30)ps))
Hi=(ct+c—(1—0)ps—3)0+2(ce+c— (1 —0)ps)
Ag = (—ci+c+ (1 —0)ps +2)6% + (2¢; —ce —c— (1 = 0)ps — 6)5 + 4(ce — ¢ — (1 — 0)ps)
By = (ci +c+3(1 —0)ps +6)5 + (—ct — 3ce — 4c — 8(1 — 0)ps — 20)6% + (—10¢; + 9ce —c — 7(1 — D)ps +6)0 +
4(4¢ — ce +3c+5(1 = 0)ps +4)
Co=(ci+c—(1—0)ps+6)0%+ (=2¢; + ce —c+9(1 — 0)ps — 10)5 — 4(ce + ¢+ 3(1 — 0)ps)
Dy = (—c; —c+ (1= 0)ps +2)8% + (3¢t — ce +2¢ —2(1 — 0)ps)62 + 3(2¢; — ce + ¢ — (1 — 0)ps — 6)5 — 4(4ey —
3ce+c—(1—0)ps —4)
Ey = (—c; —c+ (1 = 0)ps — 6)6* + (—c; + Tee + 6¢ — 6(1 — 0)ps + 24)6% + (18¢; — 23c. — 5e + 5(1 — 0)ps —
26)0? + 8(—3ct + ce —2¢+2(1 — 0)ps + 1)6 + 16(ce + ¢ — (1 — 0)ps)
Fo=0((—c; —c+ (1= 0)ps +2)0% + (2¢; — ce + ¢ — 9(1 — O)ps — 6)0 + 4(ce + ¢+ 3(1 — 0)ps))
Go=1=0)((=ct —c+ (1 =0)ps +2)0% + (2¢, — ce + ¢ — (1 —9D)ps — 6)5 + 4(ce + ¢ — (1 + 30)ps))
Hy=(—c;—c+(1—0)ps+2)0%+ (2¢; —ce + ¢ — (1 = 0)ps — 6)5 + 4(ce + ¢ — (1 — 0)ps)
Az = =82+ (—ci + e +3)5 +2(—ce +c+ (1 — 0)ps)
B3 = —8% + (¢ + ce +4)0% + (5¢r — 3ce + 2¢ + 6(1 — O)ps + 1)8 — 2(4ey — ce + 3¢+ 5(1 — 0)ps + 4)
C3 =302+ (—ct +ce +4(1 — D)ps — 5)0 — 2(ce + ¢+ 3(1 — D)ps)
D3 = =83+ (—ct + ce +6)62 + (Tep — 5ee +2¢ — 2(1 — O)ps — 13)5 + 2(—4c; + 3ce —c+ (1 — 0)ps + 4)
B3 =08+ (¢; — ce — 2)6% + (=3¢t + ce — 2¢ +2(1 — O)ps + 1)8 + 2(ce + ¢ — (1 — 0)ps)

=0(00%+ (¢t —ce —4(1 = D)ps — 3)5 + 2(ce + ¢+ 3(1 — D)ps))
Gs = (1= 0)(6% + (¢ — ce +4Dps — 3)8 + 2(ce + ¢ — (1 + 30)py))
H3y =62+ (¢t — ce —3)0 + 2(ce + ¢ — (1 — 0)ps)

(4ep —3ce +c— (1 —0)ps — 4)
D)ps — 1)8 — 2(ce + ¢ — (1 — D)ps)
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AT = ((c—ce + (1= 0)ps)(L+ ) + 21+ 3)8 +2(c — ce + (1= 0)ps) + (1 +2¢ — Bce + ¢ — prce + pey + 2(1 = 0)ps)
BE =2((1 = 0)ps +2)0% — (¢t +2¢cc +3c+ (1 — 0)ps + (6 + 3¢+ 2cc + ¢ +3(1 — 0)ps) +5)5 — 2(4ey — e + 3¢+
5(1=0)ps +4) + p((—3p — 11)er + (3p + 5)ce — 6c — 6(1 — D)ps — 3)
CE =283+ ((1+p)(—ci—c+3(1—=0)ps) —1)0%+(—2(cs+ce+2¢+5) — pu(2¢+ Tet-5ee +61+3(1—0) (14 1) ps+3p(c+
ce)+12))5—4(ce+c+3(1—0)ps) —2u(3c +2ce +5c+9(1—0)ps +3) — 32 (ct (34 1) —ce (14 ) +2¢+2(1—0)ps+1)
Dt = (=2p+ (14 p)((ce +¢) = (1= 0)ps) —1)6% + (et + ¢ — (1 = 0)ps + p((1 + pr)ce — pey + ¢ — (1 = 0)ps — 5) —
7)0 — 2(4ct — 3ce + ¢ — (1 — O)ps — 4) + p(—13ct + 1lee — 2¢+ 2(1 — 0)ps + Hp(ce — ¢t) +7)
B = -8+ (1 +p)(ce+ec—(1—=0)ps) +2+ p)d%+ (3c; —2ce + ¢ — (1 — 0)ps + p(—=2 + ¢ — 4ee + 5ep — (1 —
0)ps — 2p(ce — cr)) — 1)6 — 2(ce + ¢ — (L = D)ps) + p((1 + p)er — (3 + p)ee — 2¢+2(1 = O)ps + 1)
FIE=0((cs + ¢ =301 = 0)ps — (2 — ¢ — ¢) — (1 — O)ps — 3)8 + 2(ce + ¢+ 3(1 — P)ps) + pu(—cs + 3ce + 2¢ +
4(1 = 0)ps + p(ce — ¢t) — 1))
G = (1= 0)((ct +c— (1 =30)ps =3+ plce + ¢ = 2= (1= 0)ps))d + 2(ce + ¢ = 2(1 + 30)ps) + p(—ce + 3ce +
2¢ = 2(1 +20)ps + p(ce — ) — 1))
H{t* = (14 p)(ce+e— (1= 0)ps) = 20— 3)8 — p(1+ p)es + (p+ 1) (p+ 2)ce +2¢(1+ ) — p — 2(1 = 0) (1 + p)ps
AR = (—ci+c+ (1 = 0)ps +2)6% + (2¢s —ce —c— (1 — D)ps — p(—2¢t + ce +c+2 4+ (1 —0)ps) + 6)6 + 4(ce —
— (1 =0)ps) = p((2+ p)ee — (54 p)ce +3c+2+3(1 = D)ps)
Bt = (ci+c+3(1—0)ps +6)0° + (—c; — 3ce —8(1 — 0)ps — 4c — 20 — pu(3ce + 3¢+ 5(1 — 0)ps) 4 10)62 + (—10¢; +
9ce —c—T(1 = 0)ps + 6 + p(—(12 + 3p)cr + (14 4+ 5p)ce + 2¢ + 8 + 2cu + 4p — 2(1 — 0) (1 — w)ps))d + 4(dey —
Ce+3c+5(1—0)ps +4) + u((2u + 13+ 26)ce — (2p® + T+ 9)ce + (44 6c)pu + 17c + 18 + (61 + 23) (1 — 0)ps)
CR=(c;+c—(1- )pé +6)6* 4 (=3¢t + ce — 2¢ 4+ 10(1 — 0)ps + p(—cs + ce + 8(1 — 0)ps) — 16)8° + (—2¢; —
5¢ce —Tc—17(1 — 0)ps — p(—(1 + 3p)ey + (13 + 8u)ce + (14 + 5e)p + 40 + 12¢ + (11p + 28)(1 — 0)ps + 14))5% +
(8cy + 8¢ —24(1 — @)ps + (= (Tp? 4+ 21+ 8) ey + (112 + 31+ 20)ce + 2(1 — 0)(2u? — pp — 14)ps + (4e + 8)u? +
(32 +10c) 4 12¢ 4 64) + 40)6 + 16cc + 16¢ + 48(1 — 0)ps + (44 + 23p% + 420+ 24) ¢y + (—4p® — 1% + p+
24)ce + (1 — 0)(12p2 + 61 + 96)ps + (12¢ + 8)p? + (43¢ + 30)pu + 48¢ + 24)
DE = (c;+c— (1 —0)ps —2)0% — (3¢t — ce +2¢ —2(1 — 0)ps — p(—2¢¢ +ce —c+2+ (1 —B)ps))d% — (3(2¢; —
cetc—6—(1=0)ps) — p(—(4 = p)ee + (2 — p)ce — 2¢+ 8+ 2(1 — 0)p,))0 + 4(4ce — 3ce + ¢ — 4 — (1= D)ps) +
(T +22)e; — (Tp + 19)ce + 3¢ — 10 — 3(1 — 0)ps)
Bl = (—c;—c+(1=0)ps —6)0* + (—ct+ Tee +6c+24 —6(1—0)ps + pu(—3cr + Tee +4e+8—4(1—0)ps ) )5 + (18¢; —
23ce —5c—26+5(1 —0)ps — u(—(27+9u) e + (12 +35)ce + (3¢ +2) p+ 8¢+ 16 — (1 — 0) (8 + 31)ps) )62 +8(—3¢t +
Ce —2¢+2(1 = 0)ps + 1)6 + p((—5p% — 23 — 40) ey + (5u% + 17p + 20)ce + (8 — 6¢)p — 20c + 16 + 2(1 — 0) (3 +
10)ps)d+16(ce+c— (1—0)ps) +u((—3p? —10u—8)cr + (3 + 19+ 32)ce + (9c— 6) pu+24c— 8 — (1 —0) (I +24) ps)
FE=0((ci+c—2—(1—=0)ps)6% — (2¢; —ce +¢c—6—9(1 — 0)ps)d + pu(—2¢t + ce —c+2+ (1 — 0)ps)d — 4(ce +
c+3(1 = 0)ps) + p((2+ p)ee — (5+ p)ee — 3¢+ 2 —5(1 = 0)ps))
GE=1-0)(ct+c—2—(1—=0)ps)6? — (2c; —ce +c— 6+ (1 —9D)ps)d + p(—2¢; +ce —c+2+ (1 —0)ps)d —
A(ce +c— (1 +30)ps) + u((2+ p)er — (54 p)ce — 3¢+ 2+ (3 +50)ps))
HE =(c;+c—2—(1-0)ps)d? — (2c; —ce +c—6— (1 = 0)ps)d + pu(—2¢; +ce —c+2+ (1 —0)ps)d — 4(ce + ¢ —
(1=0)ps) + pu((2+ p)ee — (5+ p)ce — 3¢+ 2+ 3(1 — 0)ps)
AR = (—p—2)62 + (—2¢4 +2ce + 6 + p(—(5+ 3p)er + B3+ p)ce + (2c+3)p +2¢+ 7+ 2(1 — 0)(1 + p)ps))d +
4(—ce+c+ (1 =0)ps) + p((p? +3p+2)cs — (U2 + 5+ 8)ce + (2c+ D)+ 6c+2+2(1 — 0)(3 + w)ps)
B = (3 +2)86% + (2¢s — 2ce — 8+ p((pp+3)er — (5 + 3p)ce — (2 + 11)p — 2¢ — 22 — 6(1 — ) (1 + p)ps))d? +
(=10¢; + 6ce — 4c — 2 — 12(1 — 0)ps)d + p(—(5u% + 10u + 19) ey + (5u? + 181 + 19)ce + 17 + (4de + 6)pu? + (8¢ +
22) 1 — cpp® 4+ 4(p? + 21 — 2) (1 — 0)ps)d + 16¢; — 4ee + 12¢+ 16 4+ 20(1 — 0)ps + p(— (203 + 112 + 21 + 16)ce +
(203 + 1542 4 39u + 42) ¢ + (2 + 4e)p® 4 (18¢ + 13)p + 26¢ + 26 + (38 + 22 + 4p%) (1 — 0)ps)
Cl = =28+ p((2+2u)ce — (24 2u)ce — 3 —3—4(1+ p) (1 — 0)ps) 0% — 66% + (2¢; — 2¢. — 8(1 — 0)ps + 10)5 +
H(_(1+H2+4.U)Ct+(3M2+8M+3)Ce+(20+3)N2+(4C+1O)U+23+11"’2(,“ 1) (p+3)(1=0)ps)d+4(ce+c+3(1—
0)ps) + (2 +6p2 + 11+ 6)cy — (2 +4p® +3pu—4)ce + (1+2¢)p? + (8c+5) -+ 10c+6+2(1 —0) (1% + 61+ 11)p;)
DE = (2— 1)+ (=2ce +2¢; — 12+ p(—(1+3p)ce — (1 — p)ce + (3 —2¢)pu — 2¢+2(1 — 0) (1 + 0)p,))6% — (14cs —
10ce +4c—26 —4(1 — 0)ps)d + p(—(—p* + 2+ 17)cp + (—p* + 2+ 13)ce + 20— de+ 194+ 4(1 — 0)p, )§ — 4(—4c, +
3ce —c+4+ (1—0)ps) + p((Bu? 4+ 170+ 30)cy — (3p? + 15p + 24)ce + (2¢ — 5)p + 6¢ — 18 — 2(1 — 0) (3 + p)ps)
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Bl = (Bu+2)8% +2(c; —ce —2)0% + p((u+3)ee — Bu+5)ce — (1 + 2¢)pu — 2¢ — 8+ 2(1 — B)(1 + p)ps)d® +
2(=3c¢; + ce — 2¢+2(1 — 0)ps + 1) + p(—(3p® + 10p + 13) ¢y + (3p% 4+ 10 + 9)ce + 21 — 4e+ 7+ 4(1 — 0)ps)S +
4(ce +c— (1= 0)ps) 4+ pu(—(p? + 3+ 2)ce + (p? + 5+ 8)ce + (2¢ — D)+ 6¢ — 2 — 2(1 — ) (3 + p)ps)
FRE=0((-p—2)6% —2(ct —ce —3—4(1 = 0)ps)§ + pu(—(Bp+5)er + (1 +3)ce + (3 —20)pp —2¢+ 7+ 2(5+ p) (1 —
0)ps)d — 4(ce + ¢+ 3(1 = 0)ps) + p((® + 3p+2)cp — (1 +5p+ 8)ce + (1 — 2¢)pu — 6+ 2 — 6(3 + p) (1 — 0)ps))
GE=1-0)((—p—2)8% —2(c; — ce + 40ps — 3)5 + p(— B+ 5)cp + (3+ p)ce + (3 —2¢)p — 2¢+ 7+ 2ps (1 + pp —
D(5+p)))0 —4(ce+c— (1430)ps) + (1 +3p+2) ey — (12 +5p+8)ce + (1 —2¢)u— 6+ 2+ 2(3+ 1) (1 + 30)ps))
HIt = —(u+2)0% +2(—ci +ce +3)6 + pu(—(Bp +5)cs + (n+3)ce + (3 —2¢)pp — 2¢ + 7+ 2(1 + p)(1 — 0)ps)d +
4(—ce —c+ (1= 0)ps) + pu(— (1 + 5+ 8)ce + (1% + 3+ 2)cy + (1 — 2¢)pp — 6¢ + 24+ 2(3 + p) (1 — O)ps)

Proof of Theorem 4.1. Combining the KKT optimal conditions, the optimization problem in equations (7)—(9)
is solved using backward induction as follows.

Model-MN*S

max my (w | py,pe) = max(qp + qp ) (w — )

p; € argmaxwy (p¢ | w, pe) (A1)
s.t.q pi € argmax g (pe | w, py)
Pe < 5pt76 <1 — Dt +pe-

Jointing the concavity of equation (A.1) and the first order condition, using the backward induction technique,
the decision is made simultaneously by the manufacturer as the leader and the retailer as the follower. First,
maximizing equations (8) and (9) with respect to p; and p., combining equations (1)—(3), we obtain the first-
order derivatives as follows,

N
677& _bhr-w—c Pt — De

1-— A2
Oy -1 T T 1, (A-2)
only 1 1 Pt —Pe  Pe Ps
e 2 ) (pe—w— T A3
i (-5 e mw—cd+ BER g (A3)
N N * * * *
By solving aap’j‘ =0, 881)}16 =0, we get pS (w), pYV°" (w). Putting pNNS™ (w), pNS" (w) into equation (7), and

N * * * *
with respect to w by solving Bg—wM =0, we get w". Then, we have p,{vs and pévs . Further, we can get qTIYS ,

NS* NS* NS* NS* NS* NS* NS*
dg” s 49p~ s 4dr" , 4 y ™™ > TR, » TR, -

Model-MNE

maxwﬁ(w | pt,pe) = max(qrfpv + qg)(w —¢)

s.t. pj € arg maxwgt (P | w,pe)

(A4)

max 7wy (p; | w,pe) = max gy (p; — w — ¢t)
o { e € argmaxwy (pe | w,pe)
Pe < 0pt,0 <1 —pt+ pe.

In this scenario, the manufacturer acts as the leader, the T-retailer pricing earlier than the E-tailer. From
equation (A.4), we have pNF" (p;,w). Putting pVE (p;, w) into equation (8), with respect to p; by solving
a‘n'gl o
81); - .
into equation (7), we can get w’V¥ . Then, all results are obtained.

. we can get pN P (w). Putting pNE (w) into pYE (ps, w), we get pNE (w). Putting pNE (w), pNF™ (w)
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Model-MNL.

max mhy (w | pr, pe) = maX(Q’]J\J + qg)(w -0
s.t. pi € argmax iy, (pe | w,pe)
maX?Tge (pe | w,pi) = max g¥ (pe —w — ce)

ot | pi € argmaxmg (py | w,pe)
Pe < 0P, 0 < 1 — py + pe.

In this scenario, the manufacturer as the leader, the T-retailer pricing later than the E-tailer. From equatlons
(A.2), (A.5), we have pNL" (p., w). Put pNE" (pe, w) into equation (9), with respect to pe by solvmg Re = 0.we

can get pp' ™" (w). Put pX* (w) into pf' ™" (pe, w), we get p = (w). Put pM” (w) into pX* (py, w), we get YL (w).
Putting pN L™ (w), pL" (w) into equation (7), we can get w™NE". Then, all results are obtained. O

Proof of Proposition /4.1. To simplify the analysis, (¢, —c; + 1 — &) > 0 is considered. K denotes K/* does not
contain any monomials related to @), where K = B,C,D,E, F,i=1,2,3.

From Theorem 4.1, we have w™N%" > N9 > wNE",

Because 6(0% — 462 +76 —8)(ce — c; +1—6) < 0, then, pN¥™ < pNL™ < pNE™ if and only if 1 > () > max(0, 0, ),
637(576#66)52”(26573“7%5)57457466; pe NST < pNE" < pNL™ if and only if 0 < () < max((, 1),

where ), =1 —

—2ps(6+2)

where )y = 1 — % N < VST < ¢NETif and only if § € (max(0,03), min(y, 1)), where
02 =1 (2—ct—c)d* F(cr—ce)33 4+ (8ct —ce+Tc—10)6% +(2c.+2¢—24)5 — 8c424c,—32¢,+32

3T —(3+2)(0—1)(82—0—4)p,

544 (ct—ce—8)8%+(Tce —bci4+2¢4+13)6%+(10¢; —8ce+2¢—6)d—dc, —4 L* * o,

0, = 1 — SHlece 80 (e cé—zts(catl))(ﬂz() co—BoetBo 00 dee e, g™ < qp® < g¢p”, if and only
; : 5%+ (ce—ci+4)8°+(2c—3ce+5c1 —5)6°+2(cter+1)5—de. —4c
if 0 € (0,min(D5,06,1)), where 05 = 1 - FHe—erilefearoeaRlctatlidete g = ]

(ctee—2)8*+(ce—cy+4)8°+(—Tc (;cﬁl)éi%léléz;zi?;z—c 10¢¢4+30)8+8(c—5c. +6¢.—8) qgs* > ng* > qu’ if and only if
0 € (max(0,07), min(Ps, 1)), where 07 = 1— 7(:(652‘:5:650, fg =1— (C+°t_2;i?6cj1_)2“_c+2 qN%" > gNF" > gNEif
and only if0e (07min(®9,@10, 1))7 where @9 — 14 5((C+Ct(;3)g;ze—6+2), (2)10 =1+ W, qNS > qNE* S
NL*, if and only if @ S (O,min(@ll, @12, 1)), where @11 =1- (C+ct72zgfi§;\2ctic+2, @12 =1- % [l

Proof of Proposition 4.2. Note { = (6 §2—0—4)(4(6— 2)(A1—2(6+2)c)Hy (6+2)(6—4)(A2—20(52 d—4))Hs),
€1 = (0-42)(02 ~0—)(A(3=2) (H — A1+ 2(3-+2)0) ~ (6—4) (Hy+ A3 ~20(8—0-4))), & = —(9-1)(5-42) (02~ 6—4).
53 = (A2—2C((52—(5 4))H2—((52 o— 4)(A3—4C)H3, 54 = (52 0— 4)(A2—2C((52—5—4)+H2—2(H3—A3+4C))
55:6(5—1)(62 § —4).

From 78" — 7F" > 0, we have 5252(1 —0)%p?2 + 51(1 —0)ps + & < 0.

2 _
Then, 1— () > —&1+4/€1 4628082 4525052 1—-0< E1—1/ 4526052

T 202&ps 26252135
—E€4—\/E2—4E3¢&5
From 7% — 7N > 0, we have &(1 — 0%2p2 + &4(1 — O)ps + & > 0. Then, 1 - < %7 or
1-0> §4+\/54—4€355

T 2&p.

From Wgts - ﬂ'gE < 0, we have, vg + v1(1 — 0)ps + v2(d — 1)2((1 — 0)ps)? < 0, where vy = 8(§ — 2)(62 —

6 — 4)2<Bl - ((5 4)141 - 2((5 + 2)(5 - 4)Ct)D1 - ((5 + %\_])2(5 - 4)2(Bgv— 2((5 - 2)A2 - 4(5 - 2)@ - - 4)Ct)D2,
v = (62 =30 —-4)8(6 —2)(6%> =6 —4)(6> +6 — 2)(—=B1 + (6 — 4) A1 +2(0 +2)(6 —4)er + D1) — (6 — 1)(§ +
2)2(6 — 4)%(By — 2(8 — 2) Ay — 4(8 — 2)(82 — § — 4)c; + Da)). vo = —82(6 + 2)%(8 — 1)%(8% — & — 4)2. Then,
1—0> -mWW R P eV e T e

2v5(6—1)2p 2v2(6—1)2p,
From WgtE - WgL < 0, we have vz + v4(1 — 0)ps + 26v5((1 — 0)ps)? > 0, where vz = 2(6 — 2)(By — 2(6 —
2) Ay —4(6 —2)(82 — 6 — 4)cy) Dy — (62 — 6 — 4)%(Bs — 2(6 — 2) A3 — 8(8 — 2)¢y) Dy, vy = 2(5 — 2)(63 — 26% — 36 +
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4)(Bz — 2(0 — 2) Az — 4(8 — 2)(8% — 6 — 4)c; + Do) — 2(1 — 8)(62 — 6 — 4)%(B3 — 2(0 — 2) A3 — 8(8 — 2)er — D),
Vs = (5 _ 1)2(52 Y 4)2.
Then, 1 — (> —AEVVE8wsrs 4 —vazy/vESovsrs

46vsps 46vsps .

From Wges* - ng'* < 0, we have ¥g + 91 (1 — 0)ps + 492((1 — 0)ps)? > 0, where 99 = 16((6 + 2)Ca — (§ —
2) A1~ 2(5 — 2)(3+2)ce) By — (5+2)2(6 — 4)(C = (6= ) As — 40 — 2)c) B, 01 = 16((~0> — 5+ 2)((5+2)C1 -
(5 —2)A1 —2(6 — 2)(5+2)ce) +2(6 +2)(6 — 2) 1) — 2(6 — 1)(6 + 2)2(5 — 4)(C5 — (5 — 2) Az — 4(5 — 2)ce + E3),
Yo =—(6 — 1)(6 +2)2(6% + 30 — 12).

Then 1— @ > 71917\/19%716190192 1— @ < 7191*%\/19%716190’(92

8Yaps 8Y2ps
From ng* - WgeE* < 0, we have 93 + 94(1 — 0)ps + 95(0 — 1)2((1 — 0)ps)? > 0. Where 93 = 2(§ —
2)(0? = 6 = 4)*(Cs — (6 — 2) A3 — 4(6 — 2)ce) By — 6((6> — 6 — 4)Ca — 4(6 — 2) Ay — 8(6 — 2)(8* — 6 — 4)cc) B,
Uy = (60— 1)(0% — 0 —4)(4(6 — 2)(£2 —6—4)(C3— (6 —2)A3 —4(6 —2)ce + E3) +6(6 —4)((62 — 6 — 4)Cy — 4(6 —
2)As —8(6 —2)(0% — § — 4)ce — E2)), U5 = (62 — 0 — 4)%(8(5 — 2) + (6 — 4)?).
Then, 1—0 > —194—,/193—4(5—1)2193195’ 1 — < Z0atV/P3-40-1)20505 0

2(6—1)*95ps 2(6—1)*V5ps

Proof of Theorem 5.1. Model-M*

max mar(w | pi, pe) = max(qr + gr)(w — ¢)

p; € argmax g, (Pt | w, pe) (A.6)
s.t.{ pi € argmax g, (pe | w,pr)
Pe < 0pt, 0 <1— (1 + ,u)(pt _pe)'

Model-M*
max 7 (w | pt, pe) = max(gr + qg)(w — c)
s.t. p; € argmax g, (pr | w, pe)
max g, (p: | w,pe) = maxgr(pr — w — ¢;) (A7)
ot 4 Pe € argmax g, (pe | w,pr)
T pe < 0pe, 6 <1 — (L4 ) (pr — pe)-
Model-M*
max 7 (w | pt, pe) = max(qr + qr)(w — c)
s.t. p; € argmax g, (pe | w,pt)
(A.8)

max g, (pe | w,pr) = maxqp(pe — w — c.)
ot 4 Pi € argmaxmg, (p; | w, pe)
T pe < 0P, 0 <1 — (14 p)(pe — pe)-

By analyzing equations (A.6)—(A.8), the proof process is similar to Theorem 4.1 and won’t be repeated. a

Proof of Proposition 5.1. Considering § — i > 0, because () < 1 — =@z (cc—c)Ut)+1-9) 1 52+ p)(6+

61(0+2)(1+u)ps
w)((ce — ) (14 p) +1—68) >0, we have w™” > wS" > w?";

~20) (5= 2)(L+6)p+2) B —(5—p—2)(8” ~ (145 —3u—4)BE _ 3
1p. (1T (0 p—2) (1 - p T2 (@62 —(u—1)pd—4) =V,

when 0 > 1 —
Z(thap%g* <ptL* <ptE*'

0<1— —4(1+p) (6—p—2)((1+6)pu+2) Bff — (642) (6—3p—4) B
2ps (141) (2+(14+6) 1) (03 +(1+4) 0% +116 —22+186 —40)
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When 0 < 1 - S oot T a0 g,
0 <1~ e i gemg = le P <P <l
When § > 1~ ps(5+2)(54(5-;(2;2(61_)gé‘i_(?féj-—gﬁf;);gltﬁi;iqgj)255-%3#24-4#) =0z,
0<1- _4(ing 5&%?35%)Dl?((l(imfzigl;f)wg =0r2, af <ai <af -
When 0 < 1 - SR b Bl SLonl ot (oDl g,

8(5—p—2)(82 —(1+11)8—3u—4) EF —(5+2) (§—3u—4) ER 5* E*
P<1- Ps (0F2) (5= 1) (3102 — (1+12)5—3—4) =02 0k <dqi <4E -
ctte— Ce—Ct Ce—C—2cy R_FR
When 0 > 1 — (erte=2)6+(ce—co )t 242 _ Gpy, < 1— ps((1+u§3$;r£()52271g357#27p) = (po,

ps(6—1)
@ > ap > ap -
When 0 > (5+u)((((6t+6)(1+u)7u)57(C;j(cl)i;)c(el;gjﬁ;iigaf(1+u)527(1+5),ﬂ725,&8) = Oy,
B < Colohil(en ek D0t coeebetfon D) Gt o on 0 0 i IO — g, g > q > qk
When () > 1 — (‘”“)(((”ﬁfgg‘ﬁ)’(‘f)‘;gi;j))p’fcﬁ*”’” = 0q1,
0 < 1- Smletilarettiraliatetinn g, g

S*

>qF > ¢l O

Proof of Proposition 5.2. From 75, — 7 > 0, we have o + §~1(1 = 0)ps + (p + 1){;((1 — 0)ps)? > 0, then

~ — —— _
1-0< —&1 \/51 —4(M+1)5052 orl—0> —&1t+y/ &1 —4(#-5—1)50527 where & = —4((5— o 2)(52 . (1 —I—/.L)(S ~3u—

2(144)€2ps . 2(1+u)£~2§s/ -
4><Aﬁ—2c<u+1><6+2>>Hﬁ—<uN+1)<6+2><6—3u—4)<§§—2c<62—<1+u>6;3u—4>>H§, & = (u+1)(6+2)(0*
(L4 1)8 — 3p1 — 4) (45 — = 2) (AR — 26(+ 1) (5+2) — HI) + (5 — 3 — 4) (AR — 2¢(6% — (14 )6 — 31— 4) — HJ)),
&= (0= 1)(F+2)(6 — 1) (6 + 1) (6% — (1 + )d — 3 — 4).

~ ~ ~ g2 .
From 78 — 7% >0, we have (1+u)265((1 — 0)ps)? 4+ E4(1 = B)ps +E3 < 0, then 1 — ) < & 2§+M;5£6;M)53£5,
5Ps

1— @ > —SEVE AOEIES e & = 2((1 + 6)p + 2)(1 + p)2(AF — 2e(62 — (1 + p)d — 3u — 4))HE —

2(6+1)€5ps
(62 = (1+ )8 — 3p — 4)(AF — de(p+ 1)(1+ O)p+2))HE, & = (62 — (1 + 1)6 — 3p — 4)(2((1 + 8)p + 2)(1 +
1)*(=AS +2¢(0% — (1 + p)d — 3u—4) + Hy?) — (2u((1 + p)d + 3+ p) + 4)(AF — de(u+ 1) (1 +6)p +2) + HiY),
€ = —2(6 — (L +8)p+2)(62 — (1+ w)d — 3 — 4)(1 + p)*.

From n3, — mE" <0, we have g + 71 (1 — 0)ps + (1 + p)va((1 — 0)ps)? > 0, where 1y = —8(6 — pn — 2)(62 —
(1+ )8 = 3p — (1 + VB — (5 — 35 — AR — 25+ 2) (1 + 1)(8 — 3 — 4)e) DF — (1 + p)(8 + 2)2(6 —
3 — 4)2(BY — 206 — p— 2)AF —4(5 — pp—2)(6* — (1 +u>673u—4>ct>D§, 1= (14 u)(8% = (1+ ) — 3 —
)6 +22B(1 + @) — 1 — 2)(8 — (1+ )8 — 3u — 4)(6 — 1>((u+ 1)BF — (6 — 3p — AT —2(5 +2)(u +
1)(0 —3p—4)er + DF) + (0 =3 —4)*(BF —2(0 — p— 2)AF —4(6 — p — 2)(52 (1+ )8 — 3 — 4)e, — DF)),
Dy = (§+2)2(6 — 1)2(0% = (1+ p)0 — 31— 4)*(8(p + 1)(8 — 1 — 2) + (6 — 3 — 4)?).

Then, 1 — 0 > “AHVAA000A% | g A=A AL

2(1+p)vaps 2(144)E2ps
From Wg: _Wlﬁv< 0, we have 1/3/;1— Ua(1=0)ps+ (1 +p) (6 —1)ws((1— (Z))psfv< 0, where 3 = 2(1 +'u)(5:ﬁ_
2)((1+8)pu-+2)? (BE —2(6 — p—2) A — 4(5 — i — 2)(8 — (1 )6 — 3y — ) D + (62 — (14 p)d — 3 — > (B +
2(0—p—2)AF +8(1+p)(6 — pn—2)((1+6)pu+2)ce) DE, va = 2(14 ) (1 +0)p+2)%(82 = (14 1) — 3 —4) (- B +
2(6—MN—2)A§'+4(5—;L—2)(52—(1—|—,u)5—3,u—4£)&g+D§)+2(1+u)(6—1)2(52—(1+u)5—3u—4)(3§+2(5—
p—2)AR 4+ 81+ ) (6 —pu—2)(1+8)p+2)er — DE)), U5 = —2(6 — 1)2((1 4 6)p +2)%(62 — (1 4 p)6 — 3u — 4)2.

— it/ P32 —4(1+1) 0—1) 75 — i W4 —A(1+m) 0~
Then, 10> 2(1+p)(0+1)Vsps 1-0< 2(1+1) (0+1)5ps
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From 7'('}5{ - 771%: < 0, we have Jo + (91 (1 — 0)ps +4192(( (Z))ps)2 > 0, where ¥o = —16(u+ D@ —p—2)((1+

Su+2)%(C (5-3M_4)Afv_2£s+2)(u+1)(5—3u—4)ce) —(04+2)%(6 —3u—4)? (C§+Q—M—2)A3R+gg+
) (0 —p— 2)((1+5)u+2)ce)E§, 91 =4(0+2)(0—1)(1+p)*(1+0)p+2)*(—4(6 — n—2)(—(Cf' — (6 —3p—4) Al —
2(0—3p— 4)ce) +2Ef) — (5-1)(6+2) (0~ 3u—4)2(CF+ (0— p—2) AT +4(1+11) (6 — p—2)(L+ )+ 2)ee — EF)),

U2 = (5 —1)2(5 +2)? (5+u) ((A+0)p+2)%

—91 91 —16(1 29002 —91—\/91 —161 29002
Thenlf®> 1+\/1 (14-p)29092 < 91 \/1 (14-p)29092

S(l+u)2192pb 8(1+4)292ps

FI‘OHlﬂ'R *7TR < 0, we have, 193+194(17(/))pq+195(( —D)ps)? <0, Whereﬂ3—2(5 pu—2)(6% — (1+u)
3p —4)? (CR+(5 j— 2)AR +4(1 + p)(6 — u—2)((1+5)u+2)£e)Ei (14 w)((1+0)p +2)*(C3F — 4(1 +
18— — 2) AR — 8(1 + 1)(5 — = 2)(0% = (L+ p)d — 3u — 4)ce) B, 9s = (14 p)((1+ 0)p + 2)(4 (5—1)(

=2)(0% = (1+p)d =3 —4)*(CF + (6 — p—2) + AF +4(1 + p)(6 — p = 2)((1 + O)pe + 2)ee — EFF) + (1 +
5)u+2)((5—1)(5—3u—4)(52—(1+u)5—3#—4)(05—4(1+u)(5—u—2)A§—8(1+u)(5—u—2)(52—N(
)8 = 3p — 4)ee) — (6% — (4 + 6)8% + (3p® + 8 + 5)8% + (30p” + 44y + 16)5 — 24p° — 81p® — 72 — 16) E5Y)),
Us = (0 —1)(6% = (L4 ) = 3p = 4) (L + )+ 2)*(=8(6 — p = 2)(6 = (L + )0 = 3p —4) (L + p) (6 — 1) — (6 —
3 —4)(0% — (4p + 6)8° + (3u + 811+ 5)6% + (301> + 444 + 16)5 — 24p3 — 81 — 72 — 16)).

. 194+\/ 194 —4(14p) 193795 . —,— 7,9\;2*4(1+M)7,9\;1,9\;
Then, 1 -0> 2(1+) 90 0< TR =
Proof of Corollary 5.1. Obviously, from Propositions 4.2 and 5.1, we can get the result. O
R
* 9 Af Ry _ R
Proof of Proposition 5.3. When AF < (,u—i- 1) TR 818”5 = (2(“%1/1(‘”2)) 2(H+1)((5;(‘i:§14)(;+2)2)(25+2)A > 0, then
8A1
>0, p> — 1, p > max{0, —1}.
p <A1>M 1 x{ A)u }
hen A < — (82 —(14p)o— owE* B(W%) B 2(527(1@)573#74)6§§+2(5+3)A§ b
When 573 » om = o = @0 (LT ) 342 <0, then
OAF AF 4-6245
2<Ou>(AR) et
F oAl
QAL owt” _ Olgmmiiomrs) _ A+ ((+6)u+2) T —(4((14+8) ut2) +4(p+1) (148)) AF
When 87; < O then o — A(pt+ )gﬂ+5)l +2) — (4(u+1)((1+5)u+2))2 3 > O,
3(148) A —(348)(AF)! WV (B0 AR —(3+6)(AF)))2—8(1+6) (AR, (2(AF)], —(3+5)AR) 0
> 2(1+6)(AR)

R
B

: G
Proof of Proposition 5.4. p;: When (6 — 3u — 4)(BR) —|— 3BE < 0, then rmemn)

e
2(64+2)(6—3u—4)Bft  +6(5+2) B (6—3u— 4) BE) M}

R
BT 0 31—1)2 <0, {peR"|Bf<
Because (6% — (1 + p)d — 3 — 4) + (§ — p — 2)(5 +3) < 0, when the set {g € Rt |

—(5 52— 1) B,
BE > (52( (ﬂi))é dﬂ(li)i)(& 3: ;))(Hg)} is satisfied, where RT denotes positive real number, then

L —) 4(5—p—2) (82— (141)6—3pu—4)BE  +(4(62—(14)5—3u—4)+4(6—u—2)(543))BE
16-n 2)(528#(1+M)a s’ _ (0—p—2)(6"—(1+n) (:(57)#722‘5(527((1+;(¢)6f;#74l)t)2) (0—p—2)(6+3))B, 0. Because
—((0=p=2)(1+0)p+2)+ A+ p)(=((1+0)p+2)+ (6 — p—2)(1406)) > 0, then —(1+)(6 —p—2)((1+0)p+
BR

2)(BE),, < —~((6—pn—2)((1+8)u+2)+ (1) (~(1+8)p+2)+ (5 — p—2) (1+8)) B, X rmmr—p e

"
—8(141) (5—p—2) (146)uF2)(BE),, = (—8(6—p1—2) (146) u+2)—8(14+ 1) (— (148)+2)+ (6 —1—2) (14:8)) B
(ST (6= D((1+0) AT D)2
(— (1) (5—p—2) (14+0)u+2) (BF)) )
(== ((FOaF DT AT a) (— (IO aT D)+ (—a=2) (1)) )

< 0, then set { € R |

Bit >
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(1) (5+2)(5—3u—4)(C).,

pi: Because (6 + 2)(0 — 3 —4) — 3(0 + 2)(p + 1) < 0, when 030G < CE,
QR — 2(u+1) (5+2) (5—3p—4) T, —(2(5+42)(6—3pu—1)—6(5+2) (u+1)) CF*
(2(u+1)(égi)(5 simm) _ Ut D(E+2)(0-3xu (2)(;;&)(;+(2)(61(3H—Z))2) OGN 0, then, the set {u € RT |

(u+1)(542)(6—-3u—4)(CF)) R
Or0 a0 3120 < C1 1

When (1 + p)(6 — p — 2)(6% — (1 + p)d — 3p — 4)(C5), > (6 —p —2)(0% — (1 + p)d — 3u
d of
4+ 1+ (=% = Q1+ p)d —3p —4) — 3+ )0 — p— 2)Cs, then (8“*“’(5’“72)5;:7(1“)573“74)) =
8 (1+12) (6— 1—2)(62 — (14 1) 5—3pu—4) (CL) |, — (8(5— 11— 2) (82— (1)~ 3 —4)+8(1+1) (— (62 — (14 12) 53— 4) — (3+6)(5—u—2)) O R
BUF @G- = 2) (07~ (T p)3—3u=1)?
(14p) (8—p—2) (8% —(141)5—3p—4)(C3)

“w

R
{1 € BT | O < oy 3n 0T O m (P (T h 53— BT 5 —2)) )
When (1 + )@ — p — 2((1 + &p + (CH, < (0 — u - (A + Ou +

ch

> 0,

o 3
D+ (1 + W+ G+ 2+ 6 - o - 9+ ecf, EmmrpmmmE)
(=4(1+p) (6=p=2)((1+8) u+2)(C5") , = (=40 —p=2) (1+6) p+2) =4 (1+1) (= (1+6) p+2) +(5 —p—2) (1+6)) C5') > 0, because

AT G- ((110)nt2)?
(6=—p=2((1+)p+2)+ T+ u)(—((A+0u+2)+ @ —p—2)(1+0) <0, then {u € Rt | C§* <
(14+1) (- p—2) (1+8)u+2)(CL)

O T (T D T (52 ) ) =
7 R ' k) R 8(25(515&74)) _
Proof of Proposition 5.5. When  26(6 — 3p — 4)(Hi"), > —60H{’, we have —550—r =
28(5—3u—4)(HS), +65HI (5—3u—4)(HP), :
momety— > 0, {n € RT | Hff > T———%} When —(§ — u — 2)(H3"), > HF,
R ’
O —s5162m=sy) —83(5—p—2)(HJ), —80H Y ,
we have e = (_’;5(6_“2_2))2 = > 0, then {y € R* | H < —(6 — p — 2)(HF),}.

(1) (5—p—2)(HE),
G—p—2(+m)

When —(1 + @)(§ — p — Q(HF), + (6 — p — 2) — (1 + p)HE > 0, Hf

R ’
N =gt —85(1+p) (5—p—2) (HE 5((6—p—2)—(14p))) HE
we have (,85(1+g;(57,bfz)) _ 85(14-p)(6—¢ (i)éé(ii2;287£(72)l;2 2)—(14u)))H; > 0’ TS Rt | Hé% <
(1) (0—p—2)(HJ) .
(0—p—2)(1+n)
AT —2e(ut (642 HT s .
Proof of Proposition 5.6. (45(““)(55’:)(5‘3""4)) = (45(N4£(1‘)L£22(?;:;2,)§f,4))2, if 3, > 0, we have % > 0.

3= (0= 3= 4)((AR), = 26(5 + 2) HJ + (AT — 2c(u + 1)(6 + 2)) (H[))

(A.9)
= ((6+2)(6 =3 —4) = 3(n+ 1)(6 +2)) (AT — 2¢(u + 1)(6 + 2))H{Y).

(Aé%—2a(52,(1+u)673u—4))H§) 165 FE "
— . 2_ “3._ .
16808 —p—2)(0%—(1+u)8—3u—4) o if f& >0, we have 5 > 0.

B = (F160(0—pn—2) (02— (1+p)0—3u—4))2 o

a(

fir=—0—p—=2)(6" = (L +p)d —3u— 4)((A§;L +2¢(8 + 3)) Hz' + (A5 — 2¢(8% — (1 + p)d — 3p — 4))H§;L)
+ (= (8% = (L4 p)d — 3 —4) — (6 — pu— 2)(5 + 3))(AF — 2¢(6% — (1 + p)d — 3u — 4))HE. (A.10)
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a( (AR —ac(ui)(+8)pt2)HE ) P oL’
—326(6—p—2)(A+)p+2)A+mw)2’ _ M e oL UyYi
o = Bt i far > 0, we have =it > 0.

fir= =0 —p=2(A+o)u+2)(1+ M)Q((AgR;L —4e(((1+0)p +2) + (p+ 1) (1 + 8))) Hy'

+ (Af —de(p+ 1) ((L+0)p + 2))H§;> (A +Ou+2)(A+p)°+ G —p—2)((1+6)(1+p)°
+2((1+ 8)+2) (1 + 1) (AF — de(p+ 1)((1+ 6)p + 2)) HE.

(A.11)
o, 3, . ons,
B = oo 1)(M+1)(6+2)2(6 ETEyEIEE if fgt < 0, we have < 0.
£, = 0= 1)+ 1)(0 +2)%(5 = 35— 4)2(DI), (1 + 1)BF — (5 — 3u— 9 AT
— 20,0+ 2)(u+1)(6 — 3 —4)) + DE(BF + (u+ )(BR) +3Af — (6 = 3u—4)(A),, (A12)

=260+ 2)((0 =3 —4) = 3+ D) = (= D6+ 2(0 — =4

—24(u+1)(6 — 3 —4))DE((u + 1)BE — (6 — 3 — 4) AR — 2¢,(5 +2) (1 + 1)(6 — 3 — 4)).
orE rE . 87rE:
aﬁ (RSO 2)(65 AT 05=3=a)2 if f}%ﬁ < 0, we have —2t < 0.
fR= = (0= 10 —p—2)(8 — (1+p)d —3u—4)*((D3),,(ByF —2(6 — p — 2) A5

—dei(5 = p—2)(8% — (1+ u)5 — 3u— 4)) + DF((BL), + 245 — 25 — p— 2)(A}),

(= = (L )6 =3 —4) = B+ )3 —p—2)) + (0= (0>~ (1+ s —3u— > 1Y)
—2(3+6)(0 — p—2)(6" — (L +p)d — 3p — 4)) D3 (B3’ — 2(8 — p — 2) Ay’

— ey (6 — p—2)(0% — (14 p)d — 3 — 4)).

d7rR fR

L orh,
o = S ITE ety i [k, <0, we have =

< 0.

= 0= 1)+ )0 — = 22((1+6)u+2)2(D )H(B:§%+2(5—u—2)14§
4+ 8ei(1+1)(6 — p— 2)((1+ 6 +2)) + DE((BE), — 248 +2(5 — i — 2) AT,
+8ct(6 — = 2)(L+0)p +2) +8cr(L+ p)(—((L+6)u+2) + (6 — p— 2)(1 +9)))) (A.14)
— (= 1)((6 = p—2)((1+ ) +2)* + (1 + u)(—=(6 — p — 2)((1 + D)+ 2)°
+ (6= 1= 2)2((1+ 0+ 2)(1 + 6))) DE(BE +2(6 — p — 2)AF
+8e (14 @) (0 — = 2)((1+ ) +2)).

omf, IR, if £ omf,
65 = (25(671)((u+1R)(5*3u*4)2)2)’ if fg, >0, we have 85 > 0.

F5 = (4 1)(0 — 3 — 4)2((BR) (CF — (5 — 3 — ) AT — 26,0 +2) (1 + 1)(5 — 3 — 4))
+ BR((CR), +3AT — (6 — 35— 4)(AR), — 20,(5+2)((6 — 3u — 4) = 3(u+ 1))))

—((6 =31 —4)% = 6(u+1)(8 = 3u = 4) E{ (CT* — (§ — 3u — 4 AT
—2¢.(6+2) (4 1)(0 — 3pu — 4)).

(A.15)
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orE pr : E SWE.:
65 = O DTNe 2 @ arms a2 i fr, > 0, we have =5 > 0.

FE = (L )6 — = 225> — (1+ w)d — 3u— 4> (B, (CF — 4(1 + p)(6 — p — 2) AF
—8e. (L4 p)(0 — p—2)(6> — (L+ )6 — 3 — 4)) + EF((CF), — 405 — p— 2)AF
— 41+ p) (AR + (5 — p— 2)(AF)) — 8ee(d — p— 2)(8% — (14 p)d — 3u — 4)

—8e (1 + ) (~(0 — (1+ )6 — B — )+ (3 + )5 — p—2) ” (A10)
—((6=p=2)%(0% = (L + )8 = 3u = 4)* + (1 + p)(=2(8 — pp = 2)(0% — (1 + )8 — 3p — 4)?
—2(346)(6 — p—2)*(8% — (1 + p)6 — 3u — 4))) E5H(C5' — 4(1 +u) (0 — p—2)AF
—8ce(14p)(6 — pp—2)(8% = (L + p)d — 3p — 4)).

ag;%: = 325(5,1)((HW(5ff;,2)((1+5)#+2)2)2, if ff, >0, then ° Re > 0.

Fh = = (U (0= = D0+ B 2B (OF 46 = = DAL + 41+ )6 = =21+ 5 +2)

(
+ BR((C), — AT+ (

+(1+6)(0—pn—2)))
+2(1+6)(8 — p— 2)(

51— 2)(AR), +de.(6 — p—2)((1+ ) +2) +de(L+ w)(~((1+ O +2)
20+ )0 —p=2)(1+6)p+2)* + (1 + ) (—((1 + 0)p +2)°

(
L+ 8+ 2))ERHCF + (6 — p— AR +dee(1+ w) (0 — p— 2)((1 + ) +2)).

(A.17)

O

) —
(

Proof of Corollary 6.1. From Theorem 4.1 and Table 7, we can derive Corollary 6.1, the results could be seen
in Figure 12. ]

Proof of Corollary 6.2. By comparing Table A.1, we can derive Corollary 6.2.

Let Ky = (46% +4((1 — 0)p? — 9)67 + 4(90p? — 4By — 9p? + 16)3¢ + 4(7B1 + 56 + ps(B1 + C1 + 16ps(1 — 0) +
B10) — C10))6° + (=408, — C? + 2B,Cy — 704 — 8ps (0 — 1)(3B; — 3Cy + 28p,))6*,
Q1 = (*80B1 — B% + 4012 —8B:C7 — 64 + 16]?5(@ — 1)(B1 +C1 + 44])8))63 + 4(5631 + B% + 3012 —2B:C; +
384 + 8ps (0 — 1)(3B1 — 7Cy + 2ps))d2,
Ko = (6465 +64((1—0)p2 —7)07 +64(7(1 — 0)p? +11)8% 4 (—32B2 + 1472 — 16p, (0 — 1)(Cy +44ps))6° + (128 By —
C2 — 4608 + 32p, (0 — 1)(By + 20y — 46p,))5*,
Qo = (—32By + 202 + 4B3Cy + 768 — 48p, () — 1)(2By — Coy — 96p,))6> + (=30By + 702 — 4ByCy + 6144 —
32ps (0 — 1)(2By + 11C; + 24p,))62,
K3 = (646" + 16(4(1 — 0)p? — B3 — 20)6% + 16(3B3 + 32 + ps(0 — 1)(Bs + 20ps))d2,
Ka = (4(2(1 = 0)ps +1)0° + (=24p — 20 — 4p(0 — 1)(ps — 121 — 10))8° + (24 — 4B{* + 364> — 32 + dp, (0 —
1)(5ps — 124+ 6pups — 18u? +16))0% + (12BF + 288y + 12uBf + 108u% + 176 — 4p,s (0 — 1) (144u — 8ps — CF +
uBE + 6pp, + 9p2ps + 541> + 88)) 62,
Q3 = (24BE + 96+ 12uBE +128 + 4p (0 — 1) (3uBE — 44p, — 48 — 3CE — 3uCE — 72ups + 32 BE — 271%p, —
64))0% + (—384u — 32BF — 24uBE — 2u(BE)? — (BE)? — 14442 + 2BECE — 256 + 4ps (0 — 1)(192u — 32ps —
6CT + 6uBf — 3uCl — 24pp, + 3B + 7242 + 128))6,
Ks = (64(2(1 — 0)ps + 1)0% + (=256 — 448 — 64ps (0 — 1)(ps — 8 — 14))87 + (10244 + 3842 + 704 + 64p, () —
1)(Tps — 321 + 4ups — 12p% — 22))65 + (—32BE + 1024 — 384p2 — 256.° + 1472 — 64ps (0 — 1)(11ps + 32 +
16ups + 6psp® — 1242 — 8> + 46))8° + (128 BE — 7680p + 64uBE — 39682 — 51243 + 64u* — 4608 — 16p, () —
1)(92ps — CF —960p + 2uBE + 64ups — 24p°ps — 16p>p, — 4962 — 643 + 8u* — 576))5* + (—32BE + 3328y —
64uBY — 3202 BE +4424% + 2048743 + 3200 4+ 768 4+ 32p, () — 1) (144ps — 205 — 208+ 4uBE — pCE +240pups +
202 BE 4+ 124p2ps + 1613ps — 2utps — 264> — 128 — 20pu* — 48))83,
Q4 = (—320BF 4 12800 — 320uBE — 64u%BE 4 921642 + 256043 + 192u* + 6144 — 16p, (0 — 1)(48p, — CF +
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TABLE A.1. The equilibrium result of consumer surplus.

Consumer surplus

SN — K14+Q14(—128B1 —4B%—-32C7+32B1C1 —1024—128p, (0—1)(B1+12ps))6—64C2 +512p, (0—1)(C1+2ps))
s 85(6—1)(6—2)2(6+2)2(5—4)2

oSN — Ko+Q2+4(256 By —4 B3 —8C2 —16 B Ca —40964256ps (0 —1) (B2 —24ps))6—16C3 +512ps (0 —1)(Ca+8ps))
E (1286(6—1)(6—2)2(62-6—4)2)

O§N* — K3+(—32Bs— B3 +4B35C5—256—32p, (0—1)(B3+C3+16ps))6—4C3 +64p, (0—1)(C3+4ps))
L = 1285(6—1)(6—2)2

055 — KatQs—(C[)2 -2 (B[)2+2uB O —8ps (0—1)Bu+4) (uB{ —8ps —6ups —CT')
S = 85(6—1)(5+2)2(6—3u—4)2

5% — Ks+Qa—(C5N2—4u® (BI)?+4uBJ CF+16ps (0—1) (u+2) (3-+4) (32ps — C5'+2u B +40ups +121%ps))
E = 1285(6—1)(6—p—2)2(52—3u—dpu—06—4)2

0S5 — K6+ Q5+(16ps(0—1) (ut1) (u+2)2(16ps —20F +uBE —2uCE +32ups +2012 ps +41°ps))
L= 1285(3—1) (u+1)%2(3—p—=2)2 (u+3p+2)?

+1600p 4 2uBE — 2uCE + 208 ups 4 4% BE 4- 213 B — 2O + 26412p, +1281°p, 4 20u p, + 115202 4 32013 +
24p* + 768))6% + (256 BE — 10240u + 320uBE + 96> BE — 8u(BL)? — 4(BF)? — 94722 — 3840u° — 576u* +
4ABECE — 4096 — 32p, (0 — 1)(192p, — 5C4 — 640p + 10uBE — 5uCE + 400pup, + 10p? BE + 24> B — 12CF +
28811%p, + 80P ps + 6utps — 592> — 240p° — 36u* — 256))4,

Ko = ((64p2 + 12813 + 64p* — 128ps (0 — 1) 2 (u + 1)2)0¢ + (256 + 32012 — 2563 — 448u* — 128u° — 64ps (0 —
Du(p+1)2(ups — 6 — 4p® +8))6° + (=512 + 16 BE + 1612 B — 236812 — 20483 — 256 + 256° + 6446 +
256 + 64ps (0 — 1) (p + 1) (321 — dpps + 32 ps + 2u°ps + 182 — 4p3 — 2u* — 8))5* + (32BL — 2304 — 482 B —
163 BE + 70442 + 38404° + 2816* + 7685 + 6418 — 1280 + 16p, (0 — 1) (1 + 1) (1284 — 16p, — 2uCE + 48up, +
u2BE —2p2CE + 10002 p,s + 28u%ps — 12u*ps — 4ups — 21612 — 2641° — 88u* — 8u® + 160))d°,

Q5 = (—96 Bf 466561, — 144, BE — 48 B + +79364% 4+ 396813 + 448" — 25645 — 6416 +2048 — 16ps (0 — 1) (u+
1)(4CE — 80p, + 5761 — 2uBLE — 64pups + 2u2BE + 12 BE — 6120 — 213CF +108u2p, + 132u°p, + 44up,s +
4P + 4162 +80p> — 24u* — 8u° +256))6% + (64BF — 409611 + 128 B 4 801> BE — 2uBE + 16 B — (BE)? —
6656% — 563213 — 2624u* — 640p° — 648 + ABECE + 4uBECE — 1024 — 16p,(0 — 1)(u + 1) (0 + 2)(64ps —
6CE — 160 + 3uBE — 6uCLE + 112up, + 48u2ps — 4ups — 4utps — 144p2 — 563 — 8ut — 64))5 — (8u(CL)? —
4(CF)? — p2(BE)? — 4p* (CF)* + 4uBf CF + 4u> Bf CFY). O
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